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A CLI EOCELLE HIASS 

ET CORTE&ISS. SIGNORI 

M ATKE M*Af rCI, 

Signori ftmprcGcrlfeindifsimi. 
. . . , ^ • Pktro Amonio Caialifo, ' 




v riBlfillflDOO i . : j 

Nclvdendosi tufU prefenie OftreUA 
ia dtmostrasione cu ejuetb , che nel primo li- 
Lro Je oh Etementt aEucitde l pofio per quin 
ta petitione^ cof.t defiderata da moiti ; Bf ati 
*o fex\* aiuto d'efi.t , efficndout dtmoftraid 
oftiiif. H.tfnente ui vcntefimanonA \ (fopofttif* 
mt uti cicuo pruno ULro ; ho ncl publtcarU af 
M nloprcfo .trdire d't»drij^h^ comc fo, aJle EccettcnJifsime^ 
orcuoltfiime Signorie Voftrc , acctocbe fc daiioro faldo giudtci* 
Jara apprduato cbnctuderfi realmente efutlls , cbc in cffifit^atjia^fi 
degnino riceucria inprotetttene , & bauer me per dcuotifistmo , & 
bumtltfstmo.Seruo* Rhtgratianio mecbidHo Omntpotenttfsimo > 
Autore^ & MaeTlro epogni dottnna^ dctl h.tHerceiadata . Et qua- 
do non la trouaffero tale , cfuate fi dcfidtra, frcontenttno anco C0B 
la gtudtciofifitma bonta loro dartc quella perfettione , che fe le cotu 
utcne, efcufiando n»e\ ehe efflndohuomo , ejr irnperfctto ( ancorcht 
trattando di ccrtifitma Scten^a Gcomcirica ) hauefsi facitmentc 
cirat$(hautndola mafiimt intefrottamcnte compofia frale molte 
an^ftte^ infirmita , e trauagti , che motti anm fono mi tengono di 
Ctnttnuo epprcffo ) non rcHando percib dt ripcrmi ficllagratia lo- 
ro 3 come qucHo , che con tutto tt cuore tutte anco U Stgnorie Vofirc 
Eccclientifistme amo , & riucrtfco . Et per fineprcgo N. S. Dto be- 
ntgntfistmo 5 che di contmuo a tuttt ne iiluflri Itntelittto ad operare 
Ahco di conttnuo a gloria dt fua Dtutna Mae/ia ^&a fatutt del 
profsimo . Di Bologna Vtncrdt ailt 24. dt Cenaro m. dc. nl.pajfan 
d> la Lhhs ptr tl grado vigcfimoquarto de Gemtm^ ntl T rtnofini- 
slro dt Marte . 
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E&che iiftamero de gliEccell.Mathema- 
tici £ grandc > ne JTAutorc ha cognitione Cc 
non di pochiflimi di efsi , egli fa Joro (apo- 
rc > che haconfegnateqtfattrocento di que- 
fteOperette al MoItoReu.PadreUonValentinoPini 
Prioremeritiflimo de'Canonici Regolari di S. Salua- 
dore di Bologna (quale , oltrc alT akrc moltc dottrine, 
feanco Mathematico EccelIenttffimo,comebenfiav 
nofce dalla dottifsimaOpera fua della Fabrica degli 
Horologij Solari) accioche la Paternitafua molto r- 
ucrenda lo fauorifca a farne donare vna aciafcu 
na delle loro Signorie Eccellentifsime, che 
V (comele fupplica)lifaragratiadi 

mandarla a pigliare . 
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DEEINITIO PRIMA. 

Diftantid pnncli dati extra propofitam lincdm retlam indefinitj- 
iongitudwis ddipfam propofitam reclam , dicttur effe itnearc* 
cla breuifitmd^ qud difcedens apunelo.datoperneniafdd recixn 
propo/itdm. * 



.s^Xempli gratia. Propofita fit re&a a c» indefinit* 
[^J^^ longitudinis * fcilicet » vt pofsit pro- - 
duci £ qualibct parte quantumhbet. 
Etdato pun&o p, extra reclam i|h 
===U fam (fcilicct quod non fit indirec*tum 




ipfius linc* 9 feu tali in loco fit vt produc"ta re&a propofita, tranfirc 
non pofsit per datum ptindum p. ) Diftantia didi pun&i dati p , 
i propofita refta a c, dicitur cffc re&a brcuifsima, quar confidcra- 
ta difccdere ab ipfo dato pundo p* pcrueniat ad propofica rc&ant 
a c> feu ad ipfius rc&itudinem . 

DEFINITIOII. 
ZaWd recla data dicitnr ejfe dquidtftans recla propofita in eodcm 
piano y qnando a duobus dtuerfis punclis ad iibitum in data rcc7d 
ajfumptify duclis recits brcuifitmis ddpropofitdm y ipfa ftnt ad in- 
Utcem aquaies, feu mauis* Jgudndo tn datd recla linea y duobuo 
diuerfis punclis ftgnatis^difiantia ab ipfis punclis ad reclam pro- 
pofitam fint aquales. Sed non aquidiftdntes dicentnr , data, & 
propofita , quando diftantia ipfa tjfcnt tnaquales , £t ipfa dun 
rec~ia y data fcilicct y & propofitd t dicutnr altera dlteri viciniores 
fieri db ed pkrtc tn qud dtftantid reperidtnr minor , & rcm$- 
tiorcs fieri ab cd pdrtc y in qud dtftdnttd rcpcridtstr mdtor. 

Xempli gratia* Linear rcdar, fcilicet data a b, & propofit* 
cd, dicunture{rc,*quidi(Untes adinujccm, quandolndata 
*b> arfumptis» vclfignatisduobusdiuerfispundis,&fiht a, & b» 
Jcab ipfis ad propofita cd> dudislincis brcuifsimis (femper hac 

# b ratione* yt ipfa cd, adquamducendarfuntdi&ar 
: ; lincac breuifsimar intelligatur effc ihdefinitar longi- 

• : tudinis»fcili^et,quodvtririq>pofsitproduci,qua-» 
■ : ■■ : »■ do opus fit> vt lincar brcuifsimar» quar ibunt a fufcc- 

« ¥ <f 4 p t j s p unc ^i s i„ Jata» ad rcdtitudmem ipfms propo- 
fitxtcrminaripofsintinififapropofita)&fint ar,& bs; ipfarad 
ipuictmiintxqualesifciiicctivtar^uxlongaiic zr> ac, \>s, quc 

A ©fk»- 
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ofteoduntdiitantiamab ab, induobusdiuerfispunclis a, & b, 
adrcdam cd> feu ad directionem ipfius cd> Scdquandoab a» 
doctalinea breuifsima adeandem c d» (quantumopus fitprodu- 
#a)cVfit ad> &a b, dudarcda breuifsitnaad eandcm cd» & 

fit b r> cu£iiiat,vtrc<5t* ad» & br, (ofleden- 
L * l i tes diftantias rec"t<e ab, adrec"tam cd, feuad 
\ \ ^ rcc"titudinem eius , in duobus diuerfis j urAis a» 
\ & b,) fintad inuiccm inarquales,tunc rcdaMpfir 

ab, & cd, dicuntur effenonarquidiftantes. tt 
exdiftannjs, feur^isbreuifsimis ad,& br, repertaminori,fcu 
breufori b r, dextra, dicunturrcd.* ab> & cd, non arquidiftan- 
tes, approplnquari ab ipfa parte dextra linear b r, brcuionsA re- ■ 
moueriapartefiniftralinear ad, Jongioris. : 

THEOREMA I. PROPOSITIO I. 
Si 4 ddto funtlo aditncam frofofitam indefinitd longitudinis , dm+ 
Cdtur perpendiculdris , tpfd perfendtcuUris ertt lined omnium 
foeurfitmd Cdrum cjua d punclo dato dtfccndentcs feruenire pofi 
fint dd retlam propofitam , ncc altqua dlia rcfia , qua ab eod v 
funcl* dato difcedens^feruematadeandem rctiam frofofitdni* 
foterit cjfe aqualis dtcld ferfendtculari • y 

1T\ A t v m fit pun&u a, cV propofita rc&a b c, ad quam a pun- 
clo a> du&a fit perpendicularis a r > -dicitur ca efie linea brc- 
uifsima,quaraj5un<5to a> difcedcnspcruenirepofsitadrccla bc; 
Na mfiipfa breuifsima non effet (peraduerfarium)aliquaalia linea 
cflct brcuior ipfa.a r > & fit ( fi fieri pofsit ) an> idco in triangulo 

A \- c recxangulo ar n> cum per aduerfarium lafus a n, 

\ x *>xf fit breuius a r, etiam (per 18. primi) angulus re- 
\ ctus r> oppofitus rec*tar a n> eflct minor anguio' 

7 a n r » ideoangulus a n r > efTet obtufus^ tftaior ' 

• fci!icetre&6* fed eriam angulus cxterftus anc#t 

(per icT.primi)eft maiorinternofibioppofiro arn, rccto , ideo^ 
ipfe etiam erit obtufus j cum ergo quiiibet cruot um anguloru a ji r* 
& anc, fit obtufus, fcilicct maiorre£o»fumma ipforum efletma* 
ior duobus recxis , quod eft impofsibile ( pef 1 3 . primi. j Vel fi per 
aducrfarium,rc4fta an> cffet breuior recta ar> &iamairgrrius *, 
rectus, cfietminorangulo anr, quamobrem anr, eiTetobtufus». 
fedangulus ipfe anr, fimulcum anc> conftitimninmmmkarqua-' 
™ duobus rc&is (per 1 3 . primi) ideo exiftehte angulo a n r, ma- 

iorire- 
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iptl re&o > $unc a nr> (quod eft refiduum duorum re&orum) eflcc 
ipinorrc<ao,ideoaeatuSi>fcdipfe anc, eftcxternus tnaijuli arn, 
U ideomaior internq r , redp > libi oppofico > quamobrcm acutus 
angulus efTct maior rc&o, quod impofsibilc eft > evgo eciam eft im- 
ppfsibile, vcre(5taaI\qua,quarapunclo a, pcr^eniacadreda bo 
efte pofsit breuior perpendiculai i a r. Quod eciam nulla alia recta, 
quar ab eodem puntto dato difcedens perueniat ad eandem re&am 
propofitampofsiteflearqualisdidtasperpendicuUri ari itaproba- 
tur . Si pcr aduerfarium aliquaalia> & fit a n , arqualis-eue poflfet 
re&* ar> tuncincriangulo, ajr n» duorum latetum an & an, 
«qualium (pccaduerfanum) anguli r, & n> adpafim (perprimi 
parccmquincarprimi)c(fencadirtuicema;qualcs>, fcd r, cfttedtus, 
ideo n, ctiaeffecredus. Ecquiaduoapgulianr, &, anc, funt 
* v quales duob. rc&is (p 1 3. primi) yno a n r, cxiftetc re&6 , alccr cc 
tnc> eflctreccus,fedipfe anc> eftcxccrnustrianguli arn,ideo 
raaiorintcrnofibioppofico r, re&o* vndercftu&eflccmaiorredo 
(vel exccrnus effctarqualis internofibioppofitoambobus exiftenti- 
bus rcctis ) quod cft irapofsibile ; impofsibile ergo cft quod aliqua 
aliaredadu&aab a, pun&o, vfqiadrectam bc, (icarqualis,neq; 
nunorperpendiculari ari ideoipfa a r, critre^a breuifsima. 

* COROLLARr VM. " ' 

Hine mMnifcfinmeft^ q*ed. £*M*dei datopuncio adrcclam pr$- 
pefitam ducttur pcrpendtfn/nruy ipfn eft dt/Unttd,q*M rcpcrttur 
tutcr punclum datum , & UneMm prppofin 



THEOfcEMA II. PROPOSITIO II. 
3*M*d§ d*M r*#M ItneM *d tnuicem /**i Mqutdtftites % Itnta * pru 
mn perpcndtcuUriter petucntctes adfccundam erunt etinm per- 

rcsipfiprimd* . . - 



C Int duarreda? mn> 81 c d> *quidiftantcs, & a pun Ao a, in 
prima notato, d*i (it a r> pecpcndicularis ad fecundam,fci* 
!icct> vt-faciatangulQsad r> re&os , dicitur cadem ar, perpen- 
+£, 6 f n dkularis ctiatn cife ad prima lineam 

■ ", 1 .. " — ; . fn n, fcilicct, quod anguli etiam ad a, 
| j funtreclii Namfiipfa ra> noneflcc 

m " p J perpendicuJaris ad mn* fequcretur, 
* r • . quod fi ab r> duccrcrur rccta perpen- 

; dicularis ad m n, ipfa aiibi ttrmina- 
A 2 retur, 
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retunqualn a; termmeturcrgorl pofsibilecft in t, &idco atr» 
& ntr, cflcntanguhrecti, & in triangulo rcctangulo rta, quod 
habctlatus ta» productumin m, angulus ram, cxternus(pcr 
t6. prinr) eiTetmmor rcdo rta» incerno, fibi oppofito, idco eflct 
ob.nfns,fcd fummaduorumangulorum ram, & rat, eftsrqua- 
lis duobus rcctis» ideocum vnus ipforu r a m, fit maior re&o, fci- J 
liretobtufus, alterqui remanet rat, eflct minor alccrorccto,:deo 
acutus,quaicipfceflctminorangulo rta, quieftreetus pcraduer- 
farium. Lt confidcrato triangulo icclangulo rta; quia anijulus 
rat, acucus,efl~ctminorangulo rta» redto, latusetiam rt, quod 
opponitur acuto eflct minus latere r a * recto oppofito ; Nunc a 
pun&o t, ducatur pcrpendicularisad rcciam cd, &fit t o, qu* 
«cccflariopcmcaiccad cd» a partedexcrapur.cti r, fciticcc vcr- 

fus d, (inr, enim ire non poteft* 
£ fcilicetnonporcftcfle tr, namtunc 
angulus trd, eflctrcc"tus , fcdipfc 
1 eft pars anguli ard , qui eciam eft 
rcctus (ex bypothefi ) & anguli re&i 
: umt ad iiHiicem arquales , ideopars 
«fTetacquatis toto,<]uod eftimpofbjbile . Kcc ctiam intcr r, & c> 
ire potcft,ponamus in. u, fpcandorccia ar». ponamusin s, nam 
tunc in paruo triangulo s ur, cum angulus u, intcrnus fit rcctus, 
ipfe cfletaKjualisangulo srd, quietiamcftrec~cus, &: inccrnus ipfi 
oppofitus.quod eft impofsibilc (per 1 C. primi) 6c quia cx hypothua 
duxrcctr mn, $c -cd, funtiequidiftantes,dur ar, & to, per- 
pendiculares ad c d , erunt ad inuiccm xquales , & quia angultis 
a rd ,eftre£tus,angulus tro, eius pars,& ^pterca minor cO, erit 
acntus , icilket minor rc<fto ; ideo minor etiam angulo recto t o r* 
cum autcm in triangulo rectangulo tot, angulus tro, acutus» fic 
minor tor, rec~co,etiam latus t o, (acutooppofitum) eritmimic 
latcrc rt» (rc<5to oppofito ) quare ra, etiam (to, a:quale)erit 
minuscadcmlinca' r t» fcilicet rt, eritmaior r a, fed fnpcrius 
probatueft ipfam rt, eflcminorcm ipfa ra, ideo rt, eflctma- 
ior» & minor recta a r» quodeft impofsibile, ergo etiam impofsi- 
biie cft illud a quo hrc impofsibilitas dcducereuir » fciliccc > quod 
a r, perpcndtcularis ad cd, non ficetiam perpendicularisad mn 9 
c ric igicur ipli m n, pcrpcdicularis, o» probandum proponebacur. 

THEOREMA JIL PROPOSITIO III. " 

Dxiu duabus rcctts liruti dijuidtjluntibusjttiduobus dtucrfis pnn- 

Bkw 
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£Hs tn frmd figndtu ducdntur d*dperpi»ofo*Urisddfi***> 
dkm> tune pdrs primdlincd intcrceptd intcr duos tormmos pcr* 
pcndicuUrtJn* > crit dqudlis pdrttficnndd lincd intcrccptd i** 
tcr dtios duos tcrminoi cdrnmdcm (crpendicuUrtnm. 

SInt dnxre£tx sqaidiftanres a§» & cq; &fupcr prirnani 
ag» fmcfignacaduopuncta a» & r» a quibus ad ftcaridant 
:q, ducanturperrwndfcolarcs ac» & rs» qiweptoprcrarquidi- 
Jtntiamlincamm eruncadinuicemarquales>& facicnt eriamangu-i 
losre&oscumrccta a g» (pcr fecundam huius.>X)k:irurquoddujp 
ar, & cs, interccptrmtcripfasperpediciilar^cruntjcqualesaa 
inuiccm ; Nam fi non eflent arquales, vna ipfarufn cflct longior altc 
ra^fftcrgofipofsibiiecft cs, Iongior,&c*ccuWemancatab vn* 



a 
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at, vtcrq; ao 
guloru cafi tar, par* 
redi a, crit acutus,nud 
, ipun&o,c,a4 ag.du- 
mM - ■ ' catur perpendicularis t 
I u, quar ncceflTario cadet 



iiter r» a, (in r» cnim cader* non poceft» quoniam angulus 
t r a, rectus , cffct parsanguli re£i s r a> & ipfi arqualis (cuna an- 
»*li uecxi ftnt *d inuicem arqualc* ^ fciJiccc pazs cifet arqualis toco. 
jjuodcftirHpofsibilc, Necvkra r, ponamus ia o, ca^crcnopo- 
rclifecando sr» ponamusin x, nam confideraro triangulo x ro, 
quodhabererUtus ro, prcriuctumin g, angulus xog» cxter- 
iu5 CumcfTct rciShis,circtarquaIis angu!o xro» qui efiredus »&in- 
fernus ip/x oppofitus, quod cft impofsibile ; Eadcm de caufa.no po- 
icritcadcrein nccvltra.) Cumautcm au» pars ar, fitminor 
pfa ar» ericetiamnunorrccra c c, ab aducrfario pofita arqualis 
ar. Ecquia tu, eftarqualis ca, ob arquidiftantiam linearniii , & 
rum tu# litpcrpendicularisad ag> citctiarn perpcndicularisad 
: q, ( pcr fccundam huius. ) Coniideratis duobiis triangulis a ut* 
:ca» quiaAioiatcra at» tu> vuius»funtarquaua duobusiajteri-; 
jus taw <ac« alcerlus ,fcd bafis ua» eifet minor bafi cc? ctiam 
mgulus atu, contcntus adidisduobus latcribus vnius enetmU» 
lor auguio t a c* contcto ab antedictis latcribus aJterius ipfisxor- 
pefpondentibus ( pcr 2 5 . primi ) & pxopterea angulus a.t c» refi«* 
^Bunacriii utc# ^tjxiak»Anaulo cau, «uojcilrcfidmim co- 
1 di cau. 
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AU i u. Nunc<f»Aa t r, &confidcrato ^angglo l a t,*it 

a K c»ioqurt>u&4ici:aducrrariumpriaiulatus r a, vninset^arqua- 
le primo lateri c r.altcrius , &fectm*ium <a. t,adfecundum t a* 
fed angulus t a r, comentus duobus lateribus vnius eftminor 
angulo a t c, contcnto duobus latcribus alrerius, fcqmtur 
(per i 4. primi) quod bafis t r, fit minor bafi c a> fcilicct quod li- 
ncac a,fitmak>rlinea r r,&ided qiuclibct duarum t u , & s r, 
(arquahum c a) eflTetmaior cadem t rj Vndeintriangulo redan 
gulo t u r,quia t u, cflfet longius t r,angulus t r u, parsre^i 
U r s , ideo acutus oppofitus lateri u t, Iongiori, cflfet maior t u r» 
tcdo oppofito latcri brcuiori t r, fcilicct angu'us acutus eitet ma- 
iorredto, feudicamus pai* t r u,efletmaiortoto u r Sjarqualis 
% u r Ccumquifqjipforufitreclus)quodcft impofbibile ; Veltriari 
gulore&angulo t s r. confiderato , quia s r,crtetlongiust r,an- 
gulus r t s» acutus (qui eft parsrecli 11 t s)efletmaiorrc&o t s 
r.,quodeftimpofsibile»ergoeritctiam impofsibile >quoddua-re- 
a r,&c s,pofitar inter duas perpendicnlares c a,&r s,fint 
ad inuiccm inarquales, ideo erunt arquales . « 

., THEOREM A IV. PROPOSITIO IV. 

Si fuper duas reclas lineas aquidiftantes cadat vna recta vtcuque 
/ecans ambas^duo angult tnterni ab eadem parte formatifimul 
fumpti erunt aquales duobus reclts « Et etiam tnternus fuperior 
c db vnaparte ertt atjualts interno tnfertore ab altera parte . Jte 
• qutltbet externorum erit aquaUs iuterno oppoftto ab eadeparte. 

REcta a c, fecct duas arquidiftantcs a r>& n m, in a, & c, Dicitur 
fumma duorum angulorum internorum abeadcm parteeflc 
arqualisduobus rcc~tis,&c. Adharcdemonftranda,a, pundto a»ad 
re&am n m , ducatnr pcrpendicularis a n, quar propterca facier etia 
angulos redcs cum recla a r* in a ( pcr fccnndam huius ) &ab alte- 
ro pun<So c, feclionis, ducatur ad a r , perpcndicularis c r, quar fimt 
liter (per fecundam huius) erit etiam pcrpendicularis redar n m, £0 
propterca facict etiam angulos rectos cum redra wm, &ipfxdnx 
pcrpendicularcs a n,&cr , crunradinuicemartroalcs , exfuppofita; 
arquidifiantia redarum a r,& n m. Itcm rc&ar a r , & nc, inrcrcc-. 
ptar a di&is pcrpendicularibus a n. & c r,erunt ad inuicem a»quales 
(pcr antecedentem terriam propofitionem) Vndein duobus trian- 
gulis rcc^angulis a r ocVc n a* rria Jatera vnius funr arquaJia tribusi 
iafiertlHis iptigbtmcfpoadeotibus aJtcrius, ide*(pcr ocTauarapri» 
,ju mi) 
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mi) anguli vnius funt a»quilei angulfs ipfis correfpondcntibus *ltc- 
rius, fcilicct rac-> angulo nca-i&rc a,x,angulo nac, x,fedr* 
c, & n ac, contincntvnum rcdum nar» fcilicetiuntarquales vni re- 
&o,ideo r a c, & r c a> ctiam erunt arquales vni reoro, vndc ipfis adn 
dito angulo re&o r c m » fumma trium anguloru rac r c a, & r c m# 
eritarqualisduobus rc&is, fedtrcs anguliprardi&i arquanturduo*» 
bus intcrnisdcxtris raci&acm (q.aacm, per fceftarqualisdUo-: 
bus acr.&rcm, fuispartibus > ln quibusdiuifuseft » qur tpftini 
Jntegre continent ) idco duo intemi dextri dicti funt arquales duo- 
bus reftis . £t quia omnes quattuor inter*ni,fciIicerduodexrri, 

& duo finiltri (10111! funt arquales 
,fc A sy* quattuor re&is ( per 13, primi Eu- 

£ J \ clidis) cum iam duo dextri fintarqui* 




les duobus re&is > fequitur quod duo 
finiftri , etiamfintarquales alijsduo- 
tn bus rc&is (cft enim illud, qd remanet 



9 ex quattuor re&is di&is. ) Velquia 
^ angulus n c a - eft arqualis angulo' 

■* : _ JP5<- lj r a c - , & iftc r a c > - , fimul cum an- 

• * g u I° nac, x, continetvnumrectuirt 

\ ran; angulusetij nca-fimulcum 
« " ZPi " H angulo n a c » x, eruntarquales vni 

» re&o , idco ipfis addito angulo reclo 

nag» fummaeorurri C&eft, vrtotalis gac, vnacum nca>) f c '- 
1icctdnointernifiniftri»arquabiturduobus rcclis, Velquia nca- 
cft arqualis angulo rac- »additocommuniter gac» fumtnaduo* 
rum nca, & gac, ifttcrnorumfiniftrorum eritarqualis fumrria: 
duorum rac» & gac, fediftaeftarqualisduobusre&is (pcr 13, 
primi ) ideo fummaetiam duorumdi&orummternorufiniftrorumf 
crit arqualis duobus rC&is • Quantum vcro ad coaltcrnos angulo$ 
attinet , iam oftenfurn eft , quod angulus r a c - internus dexter fii- 
perior eft arquatis anguto nca- intcrnofiniftro infcriori;Etquan-* 
tumad gac, ipfecomponiturex vno reelo, &cx x, fedabalio) 
re<5to,&:abalio x, componitur etiam mca; idcoiftc mca>erit 
arqualis angulo gac; Velquia fumma duorum rac, & gac,eft 
*qualis duobus rcdrts, & etiam fumma duorum n c a, 6c m c a^cft 
icqualisduobusredis.cumiamoftcfumfit rac, pccfeaiquariatv^ 
gulo nca, pCrfe,fcquitur,quodetiamreUquHis gac, critarqua~ 
lisreliquo mca. Qufld etiam quilibctc«ternorumfita!qualisAn- 
gtAo intctno oppofitO*b cadcm partc,»cftfacilcjcognitu 1 nam quo 

.ad bao 
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ad b i r, 7pfc eft arqualis ahgtilo a c tum quifibef eor bti *qn£ 
turangulo gac, (quiopponiturangulo bar, perinterfe&ioncm 
re<5tarun> g r, & b c, & idco eft arqualis ipfi g a c , ( per 1 5 * pri- 
mi ) & cft coaltcrnus angulo raca) Idem eucnit dc altero cxterno 
fuperiore g a b, fcilicet ob /imilem caufam eft arqualis alcero inter- 
110 infcriori n c a, oppofito ab cadem parte finiftra ; Et fimiliter an- 
gulus m c o, externus eritarqualis interno r a c, & angultis o c n, an- 
gulogac. Etquandore&a ac, fccans,cnctperpendicularisad 

n m, fcilicet quod a pun<fto a, fedionis in a r, du 
cendo perpendiculare ad n m,ipfa pcrueniflct in 
c, fcilicct cffet eadc a c, tunc ipfa eadem a c, etia 
eflet perpendicularis ad a r ( per fecunda huius) 
& ideo tam anguli ad a,quam ad c, cffentonnes 
re3i,vnde,&suma duoru internorudextroru, & 
etiam fumma duorum internoru finiftrorum effet xqualis daobus 
reftis ; Etfimiliteretiamquflibctinternus ftiperiorab vnapartecf 
fetarqualisipfi coaItcrno,fcuinternoinferiori abalterapartc; Et 
etiam vnufquifq; quattuor externoruefletarqualis fuo rclatiuo ,aut 
correfpondcntc internooppofito ab cadem parte. - ■ 

Notandumeft, quod fuperior propofitio eft eadcm , cum 
•^primiEuclidis, & eft demftorata oftepfiuc proprijsmcdijs, fcili- 

cetfine redu&ioneaducrfarij ad impofsibilia , 
& \x £ necopushabetquintopoftulatopofitotamqua 
= \' pctitione, fcu primo principio,quod cfti Poftu- 

. letur,quod fiinduas reclas lineas rccla linea 
4 incidcnsinteriorcs J & cxeadem partc angulos 
duobusrcclisminorcsfeccrit,rectas lincas il- 
las in infimtum productas inter fe conuenire ex 
ea parte, in qua funt anguli duobus reclis minores . Et ideo ipfum 
quintum poituiatum noneft ncceffariumad cam dcmonftrandam. 
ml Notetur etiam» quod cognofcitur dicfrum quintum poftulatu, 
wi noneffc accipicndum, vtpetitioncm , feu primum principium , 
cum non habeat du.is partes neceffarias ad principia prima , qua; 
funt ; Effe notum ad fcnfum, & cfle indemonftrabilc . Imo di&um 
poftulatum eft dcmoiiftrabile, & propterca potcft, feu dcbetaccipi 
vt Propoficio,quod vidctur factum eftl* in hoc Opufculo,vbi demo.. 
ftratur in Propofitio 1 2. iuqua dicitur . Si duar rc&ar datar fccentur 
a re<fta,& accidat, quod fumma duorum angulorum internorum ab 
vna partc fic maior, vcl minor duobus angulis re&is . Vcl quod in- 
ternus fuperiorab vna partcficinarqualis iu^crno infcrioriabalic- 

ra par- 




» ■ • 
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raparte {qui funt cc^Iterniad muirthv) veYquod-extc rmis frt in«L 
qualis iitterno oppofito ab cadcm partc, tnnc dna: re<5he datar crunt 
non arquidiftantes ad inuicenr; Et f<? fe appropinquabunt a parte, in 
qua duoanguli interni fimul iun&t ftrnt minOres duob. reftis; Seu in 
qnafqcteft rde*) lnternuseft minoraltero intcrnoipftcOaiternojSeu 
tn qtia (qnod Mfliter eft icfcm ) intcrnus eft minbr exretnro ipfi op- 
pofitoabeadtr^parte. '■<■« ( 

Cuius propofitionis> pars illa, in qna dicitnr. Quando duar rec*lar 
datar fecantur a re&a > ft accidat , quod fumma duorum angulorum 
internorum ab eadem partefitminor duobusrec"tis ( fcilicet, quod 
' duo anguli intcrni ab eadem parte fhnttl fumpti fmt minores duo- 
busre&is ) tunc ipfar duar rec~tar datar ncceffarid ffnt non arquidiftan- 
tes ; eft ( fuperiociquarta propofkione mediante ) demonftrata taR 
pa&o. Duar rc&ar datar, vt proponitur, effe non poffunt arquidiftan- 
tcs,quia tunc (per quartam huius)nece(Tarid fumma duorum angtt- 
lomm internorumab vna , eVeademparte effetarqualisduobus re- 
dis, ahguli coaltcrni effent ad inuicem arquales . Etcxternuseffet 
arqualis interno fibi oppofito ab eadem parte. Quod totum eft con* 
tra hypothcfim ; Cum ergo non pofsint effe ad inuicem arqnidiftan- 
tcs eruntnonarquidiftantes, vtoftendendum proponebatur. 

THEOREMA V. PROPOSITIO V. 
Si fuper datam rccJam ducantur dua pcrpendicutarcs aquaits y & 
coniungantur cum vna rctta ipfi erit aqutdiftans , & aqualis 
rccia data fitper quam duapcrpcndicularcs infiflunt, qua etiam 
trunt ftrptndicularts adltncadiciam>qua chungtt ipfas fimuL 

SVpbr datam cs, rectar ac, & rs, /int perpendkulares 
arqua!es> ducattrrq; ar; Dicituripfa ar, cne arquidiftans, & 
arqualisre&a: cs ; Sfenim ar, nonefTetarquidiftans reda? cs,ef- 
A ? fet ipfi non xquidiftans, ideo in vna ipfaru, a.r* 

fdiicet, fumpt is duobus diuerfispuntiis a, & 
" fV ipfli punda effent rion arqualiccr diftantia^i 
fe&a c.s ; iaeo duar perpepdicuiares 41 c , .£c 



- rs f quar ofteduntdiftatias jpia 
*fcs , fed ilfar inarquVfes £fle non poffuht ( cum ex hypothcfi ponantar 
arquales) ideohecetiam ar, poteriteffc non xquidiftansreclar cs, 
ipfi ergo eritarquidiftans , & proptcrca (per fecundam huius) quai- 
libetduarum ac> & r s, perpendicularis ad redam cs, eritctia 
perpcndictilarisacl an cVpropcercaanguIus a* & ctiam angulus 
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U entre&us;Nfodudtare£a ;cr» ve! as, cofideratisq; duobus 
ttiaogulisre&angulis acs, & ars, cuduolatcra ca, asivnius 
fintarqualia duobus lateribus r s, s a> ipfis correfpondentibus al- 
terius, fequitur Cper id quod hic inferius demonftrabitur) quod rc- 
Jiqui anguli vnius fint arquales reliquisangulis alterius , & reJiquum 
latus csj vniusreliquo lateri ra, alterius fcilicct, vtrecia ar,(U| 
arqualis re&a? cs, fibi oppofitar, vt oftendere propqnebatur. . 

f i . » • • , . . 

Duorum triangulorum reftdneulorum , qudndo duo Uterd vnim 
funt dquuhd duobm htertlm ipfis correjpondenttbm dltertm > 
, reltquum Utm vmm erttdttdm dquaie reitquo Uteri diterim , 
_ - & qutltbet diiorum angulork vmm ertt dqudiis anguio tpji cor- 
\ rejpondentt diterius^ & tridngulum erit dquaie trtanguio. 

T N triangulisre&angulis ars, & ARS, ilduolatera contii 
. 1 nentia angulum r» re&um vniusenentarquaJiaduobuslatcrx- 
.bus contincntibusangulum R, re&um alterius,etiam reliquumja- 
tus vnius ( per quartam primi ) dfetarqualc reliquo latcri alterius ; 
anguli,angulis,&c. Sedfint ra, & as, arquaiia Jatefibus RA,& 
AS; dicitur, quod ctiam RS, crit arquale lateri rs; Namfinoa 
eflent arqualia , vnum ipforum eflet longius altero, fit ergo ( perad- 
uerfariurh) RS^ longtus . a qub fccctur Rt, adarqualiratem rsr 
fcilicet,ita vtid inquo RS, excedit rs, remaneata pai te S, & 
R r ( pcr aduerfarium ) euadat arqualem latcri a r, & ideo cum 
induobustriagulisreclangulis ar s, & A R t, duolatcra arVrs, 
"'4 &angulus r, reSu«abciscontetus,ef- 

' J-^s fentarqnaliaduobusiateribus A R, R t, 

* . *T \. . &angulo R, re&oabipfiscontentq,(er 

V j K S queretur (per 4.primi) quod etiam batfs 

At. clTct arqualis bafi as, ideoeiTctetiaarqualisredar A 5, (po- 
fitar arqualis reaar a s. ) Vnde in triangulo AtS, duolatera At, 
A s , eflent ad inuiccm arquaJia , & proptcrca duo angmi ArS t , & 
AtS, eflent ad inuicem arquales, fed AtS, extcrnustriangulire- 
Ctanguli ARt, habentis latus Rt, produ&umin S, cftmaior 
angulo A R r, interno re&o ipfi oppoiitp,& propterja eft dbrufus, 
«eoetiamangulus ASt, efietobtufus. Et iu triangulo ASt, 9 
habetlatus St, produ&umin R, angulus A t R, quieftexter- 
nusoppofitusangulo ASt, iqtcrno,efletmaiorip(banguIo ASt, 
obtufo,fciIicetcfietobtufu>s,fcdanguJusctiam AtS, cftobturus, 
ideoanguli AtR, & AtS, faaiaMinca Ac, cadeutc fupcr ii- 

neam 
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neam K S,*flfem ; ambo obtufi, feu quilibet eorum eflfet maior recW 
& prt>p<erea fu mma eorum eflfet maior duobus re&is, quod impof-' 
fibiieeft Cper i j. primi) non pofluntergoduo latera r s, Sc R Sj ef : 
ft ad inuiccm in*qualia, ideo erunt *qualia , & confcquenter angu 
lnS a, eritacqualis angulo A, angulus s, angulo S, "& triangulum al- 
teritriangulo. < 



THEOREMA VI. PR OpOSITIO VI. ^ 
Si fuper duac rc&as ddtas non tquidiftdntes ducatur re8d 9 qudftt 
pcrpcndtcuUris prtm* , ipfdejfc non poterit pcrpendtcuUrisfc- 
' cunddy hno cumficundd fddet angulum acutum a p4rte y tn qua\ 
Itne* ddta fcfc sppropinqudHii & obtufum ab altcra partc. ■« 

C Int duarre<5ta?datarnonarquidiftarites mn, & gp, fcpars, 
in qua ipfe fe fe appropinquant fit dextra, fcilicet verfus n, eV 
|£; Etdu&a *t> qtia?fecet vtramq;ipfa cihii mn, faciatangulos 
ad a, reetos,Dicicurquod ipfa ar, : crim altera fecunda gp> fa- 
a 0 n ciet angulos ad r, non redos,& 

quod acutus erit ars, aparte 
cuius rc&c data? non a?quidiftan- 
... tesfefeappropinquanr. Namfi 
**' ' ' ( per aduerfariiim ) anguli ad r, 
cflentre&i,acceptis rg, & rs, 
r,i ^nl^. . , : «qualibus,* du&isrcftis aS,& 

i^/ confideratis^ arg,& ars, qu*eflerit 



vniusi _ 

fequeretur (per 4. ptwii) quod bafis a g, deberet efle arqualis bafi 
as,& rcli^ui anguli vriitis , rcliquis angulis alterius vterq; vtrique. 
Vnde eiiam angulus' *hi a g, qui remanetire&o m a r, eflet arqua- : 





lus sao, vni^scffcttqaiHsaugSaro g^t, alterius,&faius as, 
vnius lateri a g, alteriusi fecjueretur (per 16. primi Eucftdis) quod 
reliquus angulus a s 6, vnius eflet arqualis retiqno angulo t g a, ali 
terius , latus oa , lateri ta, «cetiam latus so, larcri gt, fed $0, : 
& gt, quac funrpeTpcndfculares ad m n ,iftendmw<liftantfam're- 

. j> 2 auua- 
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«quales, fcqueKtur.ejuod #p> & mp> cfent^WiAan^fuow 

cft contra fuppofitum, ldeo impofsibilc>crgoinippfsibi»c^tmo7 efls, 
angulos arg, & arp, eflereaos , : eruntcrgpnonrecri ^feitfcctv 
vnus obtufus , & alter acutus , vt probarc proponcfcatur ; It acutu*» 
crit arp, fupponendo rcfras, mn, % gp, ,rton^quidiftantes,ap-; 
propinquari vcrfus n, & p, & remoueri vcrfus m, & g, (fuppp^j 
nendo, icilicec, quod gt, fitlongior ra, & ra, longior so,fci- 

A m \*l ■ <n - b ^ 110 ^ -pui\£h£ml g, magfc fliftet 

"^T I , * a rccl^ nj n* ^aVpwn^^ r, Sc*p\x*+i 

V ) { * #u Tf rcniotiusiitabigfarft&a, oin, 

* abartcra parte, requitur quod ab ca 
parte produdar jpfse tandcm poncurrerent firouj , conftituendo an- 
gulum , & ponamus hoc euenirein h, pun&o , confiderato a dic^a 
parte dextra difiantc ab a I j ( o^x c^tperpendicuJ^ris ad ni 
cjuantumbber,A itadui r a^', A rh , jcum a r ,. fipjulformar.ciiifc 
triangulum ahr> cuius latus. lia, elfct prbduclum in m» quare 
angulus mar, extcrnus emidem fr^ 

intcrno illi oppofiro* ftilicet angylus a rth, erit minor angulo m a r# 
fcd mar, cft rcclus (cx hypothcil ; pofita cft cnim ar, pcrpendi- 
cxilarisad mn, ) ideo.angulus arh, minor itloeritacutus,&an« 
gulus arg* ipficoniun&useritfjbtufus, vtoftcndcrc votcbamus. 
Ve| incriangulo ahr^ .cpnfidcr^to latcre hr, producto in g*an- 
gitfusexternus , a rjg , erit maio^angulo ra h> intcrno ijpfi QPpo- 
dto , fed ipfcintcrnus efl» redps.idcq externus . ar g , erit obty Aft/ 

confequenter ar £ ih critacutus,, quj eft ijj^ a paxte , ip qua dur 
rp6tx data: mu , & § p • . non xquufiftanjces fc|capprop1i>quan^ 
Hoc ctiam ex fe,{ £ne pcima fuperiori denioftratyorie j, vbi dncitur 
aducrfarius ad iinpofsibilp, fufficerc potcU ad dcrn^^randu oftcn-^ 
fiu^,quodrc<aa ar# pcrpend^cuUris ad tnjp, non eft perpendi-! 
cularisad gpi uampr^bauiraqgulum arp f dextrum eitp.acu-, 
tum,& a,rg, ^iftnm,^^^ , JiN; . . , , , i 

Pc^crit etiam a^b nnr^o deirwnUraripto^ 
Sintduxi*ctodat* i^ »5: gp^q^arma^is £c[ 

fcappropdncjuantapartedextra n p , ^luperipfas duftafit ar*' 
qujrfir pcrpcndicularis in a, adprimam m n ; Dicitur ipfam non 
ppifc cfte pcrpendkiuaren>ad fecundam g p ; . imo, qudd cum ipfa 
fecuqda gp; faciet r angulum acutum a partc djtxtra, . n p , inqua 
rca*dat« fc feappfopiuc^QU&^^ 

dfcitur 
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i v a > ; ■Jr*$*!&>* AVal,opunao4(r U mptoiB 

— , - prima, tp n > ieq a partc dextra, ab a> vcr- 

• ipus a f dextra*& Cc o>aa eandemprimam , 
\m n, ducatur perpendicularis o s, <am 16« 



tb i L 




fT',j m — '.•.. i ga»ytp^niatctSamadreciindam £j>* 
^f^^W^adyf^^n , s^UuKclurre^ so,fr r^pepcrf-.; 
dktffcr^^n*^ * duotusdmerfis |»miaisI. 

t «PPnd™!»™ r a,& s 0, 
eruntin»quales,quoniaiupponitur duasrcCtasdatas mn ? fcgP» 
efte non equidiftantes . Amplius, quoniam dicuturipCr apprbpih^ 
quari i ^arr^^epraj wc^o^xtra vbj diJlranti^ jllarum eft mi- 
7QQr*ericircuior finiftra a r, nunr ab hac a r, lohgior , fiimpto prin- 
cipio ab a, vbifack angulum re&um cum m n, fecettfr pars a c, *• 

qKiiVre^ to & 

s o, perpendicularib. ambabus ad eandcm a o, & arqualwnsaxWn- 



dicuun sJidjrnam irijarum jriqcfidUtannutp a pvcnr ettafm perpen- 
^icularis adltnam csl^pcr fecurrdam hnius ) fcilicer angulus s, 
.eritxcc&s>& quoniamcftcxtcrhd§trianguli parui s r c, habeutisla 
^?if £a$1 lolungatutfi irj 3 » ipfe erir maior angu lo c r s, intcrno fii>i 
OPp&ufQ, (jpcjr ld.prlmi^Iticlidis ) fciKcet angulus cr s,crit minor 
angu^^ax^rc^oj jcVo 1 ) pfe c r s, crit acutu s, fed hic eft angulus fa 
_&us a^af, cum r^Aig ^ fecuQda duamiri dararum non equidiR.a- 
fiiifit ^(cippr^in^ukri parte n p, dcxtra a qua cft angulus 
nte .w^Joi^^^)^^^ noneflfe perpendiculare ad fecunda data 
g p ; imo \um ip& g p", racetc afigiil& acntum a parte dextfa, in qiir^ 
duc.redaf data: iiipponuritur appropinquari, obtufus crgb eriralter 

ft^g •?«#^i'tf * r ^ W'^?? ^ ^ P ar ^ finrftra dtia? recff d^ra: n<i 
^iS^anteiab.iri^ ,J t 1 

yj^Tjn prSni ImVteiWf atfunS^rbrri ptiifAum * ^ftjtefiHf- 
ira, a qiiadaa-KcSSdafxnVn ndh xqindiftantVsffc rc te r m&* 
«* ' : -ucnt.^rab rpfoptin<5tot, ad aini fluai ptf- 

7- V'r ! 'l per)dicdlirU f tg,.pernehiens ad g p, in g» tfec 
a ^ "'•('L^' ( quia ifta tp).efttlOtigiora r, (cumduarc 
'* ' ' ' j^L» rr^^^^T ' &3p'Aat{.ex nypothefirlntremotiores a partc 
"WPjBr^t ' ■ - 1 • v dk < linfrtrSi quaih a dexrxa) ab ij>ra t g, ihfcipiejn 



*4< 

cum m n, fecaretur parft i, arqua^irec^ i rj fr%c1ftrtf,"f|>fit (j^ 

qiuntam huius) erita-quimftansV& *quaf?s rfcjtarat, quaprbptcr * 
n quar eft pcrpendicularis ad a t, erit etiam perpcpdicularis ad r d» 
(pcr fccundam huius) fcilicet ahgulusar d, erkrcftnsj vnclcj *ngu- 
lus a r gi qui eft maior di<5to Ve&o fua parte erit obtufus , & ideo a r 
p, ipfl coniun&o (per i $ . primi) crit acutus. Et ita cognofcimuse*- 
tiam, quod reda a r, exiftcns perpcndicularis ad m n, non poteft ef 
fijipcrpendicularis ad g p, imo facitanguium acntum cum fpfa gp* 
i partc dcxtra p, in qua dur re<3a? datar nori arquidiftantes fc fe ap^ 
propioquanc,& obtufumi partefiniftra g,inquafeferemouentv 
quodoftendendumerat. * '. 



" THEOREMA VII. PROPOSITIO Vlt. 

/*/*r dmas rcclas datas Cdddt rcclsm^andjtt ferfendtcttUris dd 
dml>d* y *eccfc favttf/ddidrefyfa 
- dhftdttteu 



• ■ " • - i « » - 



SVper datas m n, & r p, cadat a c, & cyeniat * vt quilibet atiguW 
rum ad a, & adc, fitrtaus .dicitur/ m n, & fp 9 jtfc)t^&i{Un+ 
tcs ad inuicem, quod fic demonftratur ; Acceptisc p* & Cr, atqthli- 
bus a pun<2is p, Sc r, ad m n, ducantur perpcndiculares p n, 6c r m» 



m § • 

. . #■ * 



ef> >c 



. • c, ci, cum iafpito m a nguto re&tr, : erunt 
0 "t quaha dupbus. I^atcnbus ?£> c *> ip«q» an- 
*~* gulo re&o, icfeo(pcr quarta prflni) r a, erit 
rqualis re&ar p a, angulus a r c, angulo a p c, &: anguliis r a c, angu- 
lo p a c, ideo dempro angulo rac,a re<5to mac&paca re£o n a 
4' 4 u ^nguli. qui remanem r a m.& p a p,e r unt aro^alc^d inuice. 
Et m duobus trtanguhs rciftangulis xm a, &: pn a, quia^Uo'ang6ri 
^Pgulijgn* ^a,, vnius^ufliJUterc ra, funt xqualcs du6bui atiguJis^fnr 
alte^um lat^rc pa, feguitur (per i6, primf) cfuod rclrquu^ 
an^ulusm ra^nfus cricarquahs rcJiquo angulo n'p ^»' a^lrerius , 8t 
Jatus r m, latcri p u , & latus ma ? |atcri n a, vode aft^uj^toftdi^ai 
rcctiamcrit^tjualistotaliingiilonpc, quiacrgojr m, & p |i,per- 
.^pcndicularis aufni n, a duot>us ; cjiucrfis punAist^^inej r pHunc 
; ad inuiccm arquaJcs fcqiiitar ,quo,d rccla r p, ab vtracjTpa^}e.qua- 
litcr diftct, fciUcctnt^fltud^Kas rcdla: m n^ vt probarc voleb^mus. 
n pognofcitur ctiam,quocl 6b cafidem ratiohem, vcl caufam, quia fu 

pcr 
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^crfip^*c,c4ditnt*©pc^^oUn5 adambtaiobjd fequiturfqtf 
np* fit arquidiftans reaz ac/ Amplius vidctur etiam, quod,cum 
, fupcr duas arquidiitantes m d, & r p, cadant rm,&pn> perpendicu 
. Jarcs ad,m n, iprar crunt ctiam pcrpen^iculares ad r p» & idcd angu 
m r p*fcrit rcctu^, & etiam recTus crit. h p r. - * 

. Scuad demonjftrandam fuperiorem propofitioncm dici poterit 
'Sia^arrc&e m m&rp,noncjtcnt.T4uidi/lai)tes, illarerTent non 
4 quidiftantcs, & ideo recla a c, quar, eil pcrpendicuJarjs ad m n, vna 
ipfarum non poterit efle pcrpendicularis ad alteram r p, ( per fcxti 
huius) fed fuppofitura cft> quod ipfaac» fit ctiam perpendicularis 
adrp, ideo acnonpotcritnonefTcperpcndicufarisad rp, vndc 
nccetiam poterit ipfa r p, non cfle arquidiftans ad m n, crgo crit ip- 
jlarquidiflana . *!* % 

THEOREMA VIIL PROPOSITIO VIIL 

- Si fuperreftdm ddtam caddnt dua perpendicuUres , UU sd #***• 
cem eru,nt aquidtflantfj. J 
C Vpcrdatam ac»fintpcrpend!cu!aresduarrec*taras,&cr, Dici- 
mus ijfas efTe ad inuicem a:quidiftanrcs,quod ficdemonftratuT. 
: J Pactamus ipfas duas perpendiculares a*quales(a longio 
Y ri fecando partem arqualem minori)& fit a s, arqualis c r, 
coniungariturcj; duo punda r, & s, cu reda r s, q (per 5. 
huius) erit arqualis, & fquidiftansrc&ar ac, angulicjue 
r, & s, erunt re<fti , vt anguli c, & a (pcr quartam huius) 
vnde etiam quaelibct duarum rclrarumc a, &rs»eritperpcndicula 
v ris cuilibet re&arum c r, & a s, &' ideo quarlibet duarum c a,& r s, 
{per corollarfum primar huius )oftendct diltantiam rec"tar c r, ad rc- 
ftamas, induobusdiueriis pun&isc,&r,fumptisin re&a cr,vcl 
• oftendetdiftanDiam reclara s, ad rectam cr, induobus diuerfis pun 
&is a, & s, fumpfcis inreda a s,fedipfarca, & r s, funtarqualcs ad 
inuicem, idcoetiam du**c r, & a s (per fccundam dcfinitione)cruC 
arqualiter diftantcs, feu aro^iidiftantcs ad inuiccm . 

; THfeOREMA IX. PROPOSITIO IX. 
'i# dud reffd ddtdftnt nb aqutdtfldmtes y & a puncl$ inprtmd fign* 
t$ ducatur perpendtcitUris adfecut$ddm y & a punclo a quo\ tp- 
fd perpendtcmd)riife\ttxntt ad fecundam ducdtur recla perpeto* 
dicuUris adpnmam y hac vlttmd perpendiculdris erit breutor 
antcccdente perpendicuUrt y & cddet inter dntecedenttm y & iU 
Um pdrttm y tn qnd dat* rcfta fi /i approptnauanU \. 

^ Sint 
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Cintduar recl* dafe nbn a?qu7$^ ftOlcfl^ 
V da»quxfefeappropinquinciparce gn,&a*pun<5to a»inpri- 
ni fignato ducatur a r , perpendicularis ad fecundam , & ita cum 
angulus a r n, fit reCtus , g aY» ept l lCuttis (per fextam huius) Nuc 
^ A j ipunSo r,ducHa re<£aperpendiculariad !bri- 

" 'y mam p g, ipfa neceilario cadetrnter a, & g, 
quoniam fuper ipfam r aVcaderenonpoteft 
quiatuncangulus rag, ertetreclus, & iantfci-' 
mUs ipfum debereeffe acutum ; nec inter a> & 
cadere potefl, nam fi hoc fieri poffet per adacrfarium,& ponatur 
jperucntre in t, fcilicec angulum r t i, effe rc<fhim> fequerecur»quod 
cbnfiderato triangulo re<5tangulo rta, habente latus ta>produ£tu 
in g, angulus externus ear, effetminor interno o^pofitO atr, 
fcilicecacarus ie&o, quod efl impofdibile , cadet ergb infef a} & g, 
( fcilicet a parte pccpeodicularis r **in qua re&c datar nonvarquj- 
diftantesfefeappropinquanc) &fic r s»&« icaangulus rsa,eritre 
(ftus, ideo maior angulo s a r, acuto, vnde in criangulo rcctangulo 
r s a, quia , angulus a , acutus eft rainor angulo s> re<5to> eciam la- 
tus r s > acuto oppofitum > eric breuius latere a r , recto oppofito 
(per ip. primi Eitclidis) fcilicct re&a r s , quarcft perpendicujaris 
. primz linea?, cric breuior re&a a r, qfta? eft perpendicularis fecudx, 

THEOREMA X. PROPOSITIO X. 
St dua rccia data non aqutdiflantes fecentur a recla , duo dnguti 

^ . internt a partc , tn qua rccia data fe fe appripinquant fimul tun 
&t , fctltcct fumma t&orum eru mmor duobm angulis reclts y 
fummd vero duorum anguiorum tnternorum ab altera parte^ in 

! ' qua djta rec?a rcmdttotes funt>erit mtnorduobus angultsrc- 
clis. Item angulus externns a patte^tnqua dua recla data non 
uquidtfiantcs fe fe apprtptnquant>ertt tninor angulo tnterno ipfi 
coalterno ab altera parte ; fctHcet ex codlternis minores erunt il 
ii y quifuuta parte , inauudatdnopdfuidtfldntcs fifc dppr+* 

v t!W** et mdtores ^quifum dbdturapartc.m qua recladd 

~\\ ta remouores euadunt . itemqutft^i angulorum tnternorum a 
farte.tn qua recla datanon «^M^^f 
trtt mtnoranguh externo ipfioppofito db eadem parte , fed db at. 
tcraparte, inquatpft reclaremotiores euadunt^erit contrurin 
fcitUetqMMibetduorum 
terno oppojito d dicld eadcm fdrte* 

Super 
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C Vper duas rc&as datas h m,« r p» non arquidiftantes, imopro- 
& pinquiores i partc m p, quam a parte h r, ducatur recla a s, 
vtcunque lecans ambas in a, & s ; dicitur angulos intcrnos mas, 
&p sa, effe minores duobus re&is ; quia i punc"to a, dudtarcda 
perpcndiculariad r p, ipfa vel cadet in pun&ii s, fcilicet eriteade 
cum re&a a s, vcl trafibit verfum parte r,finiftram> vel verfus par 
tem p, dextram . Si ceciderit in puuctum s, fcilicet vt a s. fit per- 
pcndicularis re&ar ap,illatunc(perfcxcamhuius)curnaltcrali- 
nca h m, inarquidiftante rector r p, faciet angulum acutum a nartc 

m,dextra, in qua ipfar non arquidiftantes fe fe ap- 
propinquant, & obtufum i parte h, finiftra, a qua 
fc fc remoucnt (fciliccc angulus mas. erit acu- 
cus,&idediun(5toredo p sa f fumma (ab hacpar 
■" i f ce dextra.in qua rectar non arquidiftanres fe fe ap- 
* >s\ ^ propinquant) crit minor duobus re&is,& angulus 

y ^rq. has,critobtufus,ideoiundorec"to ars,fumma 
jVNs* (apartcfiniftra,iquaredarnon arquidiftantcs fe 

ir " i A ~7 ^ rcmoucnt ) crit minor duobus redis . Scd fi p- 
* penditularis ad rp,difccdcnsa % pun&o a,peruc 
oiat, ad r p, in c, finiftro ad s , cunc a pundo s , ducacur s c , p- 
pendicularis ad ipfam r p ; & cum datar h rri, & r p , non finc arqui- 
diftantcs, imo propinquiorcs a pattc m p, fcquicur dkias duas 
pcndiculares c a, & s c, ad r p, cfTc inarqualcs, 6c brcuiorcm exi/te 
rc s cNuc hec s c^ducacur vlcraad c,quoufq;i?cce i quaIis re&f c a« 
&hoc cucniacin n, fciiicec, quod s n> fic xqualis rcclaV tTV&du- 
cacnr n a, quar (pcr quincam huius) erir*qualis, & arquidiftans rc- 
ctar c s, 6c idco cum a n, & t s, arquidiftantcs fint fedar a FccU a tv 
tngulus n a s, cric arqualis fibi coaltcrno c si, fciliccc internus fu- 
perior dextcr intcrno infcriori finift ro (per qoartam huius; fed ah- 
gulus cas,parsanguli na s , cft minor ipfo n a s,ideocrit etiam 
m inor angulo t s a> vnde comnlunitcr iundo angulo a s p, fumma 
duoru c a s, & a s p (quifunt duo interni a\parce dextraj in qua duar 
rcftar datar fe fe appropimjuant; crit mindV fumraa duorum c s a>6> 
a s p, fed harc fiimmacft arqualis duobus rctfis (pcr 1 3 . primi)ideo 
Ma cric minoriduobus rc&is.: Ec coofequenter afij duo anguli inter 
nifinrftri has,&r s a # quircrnanente dextrisad quattuor rcftos 
wfque crunt maiores duobus redtis. Et quando rccta perpcndicu- 
larisad rp,difcendensapun&o a,pcrueniacadipfamin c;dex ' 
troab s.cuncipundo s^docatur sc, perpendicularisad car.dc 
r p, quod c ixm dat* b m,Jk r Cu\\ noaarquidiftahtes, imo propin^ 

C quio. 



Digitized by Goo 




ift 

quiores i partc m p> fequerctnr di&as dius pcrpcndicularcs s r* 

&ta>ad r p>eiTein£quales>&sc>eflelongiorem ta>Nuncabhac 
s c> incipicndo apuncto s, feccturpars s n>a*qualisrccta; ta>&du- 

catur a n,qua*(per quintamhuius)crira*qua 
lis>& aaquidiftans rcfiav s t> quare cti harduar; 
arquidiftantes na.&s t>fecta* finta redaaa>~ 
angulus as t^critarquahsfuocoaitcrno na 
s> fcd hic n a s> eftpars anguli c a s> idco mi 
nor ipfo, crgo etiam as t> crit minor codcm 
ca s,vndecommunitcriunctoangulo m as» 
fummaduorum tsa*& mas (quifkntduo mtemidextri>re&aru 
hm>&rp, fectarumab a s) critrrrinor fummaduorum casj&m 
as, fed harccft arqualis duobus recris (peT la.primi) idco illa erit 
minor duobus rcctis . Et per confequens fumma ducrtim angulorn 
internornm finiftrorum cas,&rsa,critmaiorduobusrectjs. y t 

Harc prima pars huius Propofitionis potcft ctiam dcmonftrari 
modo fequcnti. 

Sccctrccta a r, duas datas noarquidiftates m n,& tu,-fe feappro 
. pinquates verfus n u, quar a r, chm mn;a par - 

*' te n, faciet angulum reCtura, vel Qbcufuw* 
vcl acutum. Si rcctum, tunc alter interrius dex- 
, tcr a r u. crit acutus (pcr fcxtam huius) & pro- 
,:J;t;;.ji.j pterea iumma ipforumduoruminternorudex 
m f ^ ^ m r >h tcroroOT naoy&ura, crit minor duobus rc- 
^^'yij^ ais> Si nar,ficobtofus,abipfofeccturre(ftus 

ria g, ducendoad m n, in a, perpendicularcror. 
> .."T 7 ag»** itaangulus agu (pcr fcxtam hnius) er 

< vr - : >. H ' rkacutus, &ab r,ad m n ,ducatur perpcndi- 
cularis r p (qax erit longior recta ga)&angulus priberitacutus, 
&quia g a, & r p, funt perpendiculares ad mn, ipfarerunc «qui- 
4iftances ad inuicem (per octauam huhis) vnde cum ftnt fcda: ab x 
r, abgulus p ra;eritajquabs fuo coalterno r a g, & quia fumma aii 
gnJorum p r a, & a r g, cft angulus jjt giacutus, ctiam fumma an-i 
gulorum ar g,&r ag>crita3utus4vndeipfisaddito rcdo nag.. 
fiimma illorucuMTi^forcc^fcaicct nar>&uTa, eritminor duo- 
tHifiTcctis. Vclquiafupcr prr,&srg>arquidiftantescadit rcdacuj 
angulus externus a g u* acutus, crit a? qualis intcrno oppofito p r u* 
fed hic angulus eftarqualis fummar duoru a r g, & r a g (quia prop- 
tcrea a-qmdiftantiam reorarum pr,&a,g,fccrarumab ar,angulus 
ra g,cftarqualisfuocoaUttno praj&iilo pra,cum arg,compo 

nunt 
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rtotalem angulam acutum. p tg)^dcoct;am angulus a gu> a- 
s,eritaaua4is^umnJar&c&u 4rg,&ta-£, vride-ipfiaddito re- 
n a g,famriiaipmWcua eum re&o, qux fummafcft minor duo\ 
cedis exit astyiajis fummas angulorum n a r> &.a s<u ; fcilicet hi 
anguliincemide^trirec^aeum mn, &tu, fedirunab ar,e- 
minores duobus re&is . £tquandoangulus nar,fitacutus, 
X 4i tunc ipfrtantum addatur, vteuadatre&us.fci- 

?sP? J - licet ducatur ad m n, a pun&o a , perpendicu 




'aturpcrpen- 

larfc rgCquareritbrcuiorrea3 pa. ) ^angulus ^ru.erit a- 
s, &quiaipfarduxrec*ar pa»&rg, r*rpertf^hiresad re&um 
funtadinuiccmarquidiftames(per odauam huius) & fedr at> 
ngulus g ra, critarqualis fuocoaltcrno par, & ideo fumma 
Ir.rum gr a,& g ar,eritarqualis fummar pa r,&rag. fcilicet 
:c*to, vnde ipfis aildito g r n, acutoVsuma triu gar,arg,&gr 
jararquipolletduobns internis nar,&ura) non pcruenietad 
re&os, fcilicet erit minor duobus re&is. Vel quando angulus - 
fit acutus, tunc a r u, crit acutus,vel cectus, vel obtufus j fi a- 
>vcl re<ftus,suma ipfius cu angulo nar^acutoerit minor duo- 
L^isj fiobtufus feceturab ipfoangulusrcdus gru,&a pun- 
tj ducatur perpendicularis ap, ad re&am tu, quar pro- 
a cric arquidiltans rc&ar rg, &angulus pan, Criracutus, 
> \ f : f r vteft rgrui An-' 

' • m . \ M * * n S ums p-aricric 
4? Va t. ■ ■ ' ."v^ arqualis fuocoal- 

u r r . ; , \ , : A^^^ai ternoarg»&ideo 

'i^JS^^tf T"1F~ angulus arg,fi- 

j .->».». i mul cum angulo 

rrunfcarqualcsangulo fl a g, fcilicet fumma illorum crit minor 
cto (cum p a gvfit acutus) quar cjum angulo g r u, recto faciet 
am mjuorern ^uobusrc&is» fed treS anguli di&i g a r, a r g, & 
g r u,iunt «quipoJlctttes duobus nstr, & aru (quia aru, 
ictrc&om gru , fraiig» partescius tocales ) ideo cognofci- 
os «iluos angulos fia/r> *ca> tu* iti fumma eiTe minores duobus 
vtoftcndcrc volebamus. Et per confequcns modo quolibct 
o m a r, & tr a, intcrni a partc , aqua data? non arquidiltan- 
e rcinoucnt, cruntiaiumma maiorcs duobus redis , 
□!»£«:<* g«;5»' .£ t» & • 

c % co- 




COROL t A R I V M. 

fiinc coznofcttur^ quod qududo vnum tx Utertinu trutguli e/ffr^ 
duUum^ngulm exiernus^qut frrmatur efl tqudlis Jummu duo- * 
rumoffofitorum tntcmorum tn ttidngub. 

(~\ V i a fuperius in figura hic refcripta cum probatum fit angu- 
!um uga» effe arqualem angulo ur p, (ob arquidiftantiam 
re&arum rp, & ga, fe&arumab urj quod -u^ai -eftangulus 
^ externus>& ptu, eft intetnus oppofitus ab\ 

r ^J? J eade parre) & hic u r p, fit arqualis duobus 
1 gra,j& arp,fuispartibus,quodelt*cfidi-. 
^ camnsduobusgra, & rag,J(cum rag, fie 
i* f & arqualis fuo coaJtcrno arp, exarquidillan-» 

tibus rp, & ga,fc£isab ra) cognofcimus, quod ctii u g a, erit 
arqualiseifdemduobus gra, & rag, qui funtduointernioppo-. 
fitiintnagulo arg, habentelatus rg, produ&umin u. v 
Poteritctiam oftendj ipfa prima pars fuperioris propofitionis>ij 
alio modo , fi prius demonftretur fequens . b 

L E M M A. 1 
Cuimltbet tr't*Kgultfr$duclo %no Utere quouis , tngulut externut 
crit dqudlit Jumrn* duorum tnteruorum iutrutngulo iffi opfo* 
Jitorum* 

TRiancvu arg, produflum fit latus rg> in u, confti- 
A tuendo angulum cxtcrnum ( fcilicet extra triangulum agu. 
DJcituripfumcflearqualem fummar duorum internorum a, & r» 
oppofitorunrin trianguJo (nam reliquus internorum a g r/ dicitur 
coniun&us, feu atfociatu£ ipfi externo a,g u' K j AcJ hoc demonftran- 
dum»Adlatus ag, faciesangulumcumprodu&ione gu, apar- 
tcfuperiori a, verfuspartem r, ducatur perpedicularis am» Et 
apuncto r , fcilicct abaltera extrcmifate laterisprodu&iper g» 
in u> ducatur perpcdiculansad am, &fit rp; Vndccumquar- 
libetduaru reciarum rp» & gai fitperpendicularisad am, ip- 
iar duar rectar erunt arquidiftantes ad inuicem (per odauam huius)& 
quia feclarfuntab ru, angulus agu, externuseritarqualis angu-. 
lo p r g» interno oppofito ab eadcm parte ; Et etia quia duar xqui- 
diftantes rp, & ga, fcdarfuntab ar, angulus r a g, eritarqua- 
lis fuocoalterno pra, vndeipfisadditocommuniteranguta a/rg* 
fummarduorum pra, & arg, & ideo touli angulo prg, cric 

aqua- 
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rqualis fumma duornm r a g» & a r g, interni in triangulo>fcd ei^ 




tfl. v 

demangulo prg» eftxqualisexternus agu, ideoipic agu; e- 
tiamerirxqualis fummx dicrorum duorum ioternorum a » & r # 
Etfi pcrpedicu!aris,qux a puncto a, ducerctnrad a g» cflet ar, 
fcilicetaltcrum latus trianguli gar, fcilicet,quod angulus a> in- 
ternus e(fet rcctus , tunc a puncto r , ducta a fuperiori parte rectai 
r p, pcrpendiculari recrx ra, fimilircr codcm modo diceretur, o# 
cxiftentibus rp, & ag> pcrpendicularibus eidem ar, ipfxad 
inuice elfent xquidiftates, & propterca CU (int fedar a reda u r, a n- 
gulus agu, eritxqualis angulo pr g; & ctiam cum finr fcctx £ 
recra ar, angulus pra, crit xqualis angulo a, ideo totus ango* 
lus prg, &ideo agu, eritxqualis,& angulo a, &angulo arg» 
fcilicetfummx duorum internorum a, & r; Et fi perpcndicula- 
ris,quxa puncto a, ducereturad latus ag, tranfiret per triangu- 
lum , fcilicct, vt angulus r a g. cflct obtufus» tunc ipfi pcrpendicq* 
lari tranfcunti per triangulum, & prodn ctx quantum conncnit, du- 
catur a puner.) r , perpendtcularis r h , & hxc i parte fuperiori, 
fcilicet ab r, aliqtiantulum producaturad libitum, & fitin p, vfqj 
& tunc fimiliter confideratis rectis h p, & g a, pcrpendicularibus 
eidcm ah, ipfeeruntadinuicemxqiiidiftant.es, &cumi?ntlectx 
ab ur, angulusexterniis agu , eritxqualis interno illioppofito 
ab eadem parte p r u . Ttem dux di&x xquidiftantes r p, & a g» 
futnfuttfe&e ab ar, angulua ^ar, critscqualis fuo coaltcruo 
T - pr*i 
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angtilus agu > externus ipH arqualis , eritarqualis funynarduorum 
g a r, & a r g, mt&rnoru ipfi -bppb^ffi, vt oftcndcj>e\vplcbamus. 
Idcm etiajri f* queotimodcj demtinftrari potcfh/^ \ \ 
Produaovnola<crctrianauli^arg, &fit r^, in u\, faci^nte 
anguliimexternum agu*> dlcitutfpfeangukfs externufc exfe^efle 
arqnalrs duabus angulis internis*fibFopppntiV-g*Tr «e-^ ra> fiuiuj 
iundbtrianguli ; Ad hpcdem6nftrandum7 %iptr rg, Jatuspro- 
duclumquantuoccurrit^ducatura^punolus r>.& gj.|>erpendicula- 
rcs rc> &*gn, & / etiam*puncto & fcu abaj^uloi^fi rg > op- 
• t 4 «n^ pofito duc^turperpcncfTcuhriVa t^c|tra!;cadct 
; T —mrttstria-ngulum» fel fupe^atusde^tfwft^g, 

Ztyg : \: nJ ^vclfupcrfiniltrum ar, veiextra«triangulurhi 
— ijl — & P ar - tc ^cxtra, vcl a finiftra. jCadat primo intus 
triangulum fuper bafim^feu line>m r g, in t. 
EtconGderatis diubusreclis^a t, £l x.<* fccpcndicular^bits ad 
r t, ilfar erunt inter fe arcuiidiftahtes,^nd$.cum fcccntqt a> a i> an- 
gtilus o> eritarqualisatfgulo o, fuo coalterno ; Item confidcrarit 
duabus gn, & ta, perpendiralaTrotisadrA&am tg / iliarerurft 
asqnidiftantcsad irwkem , &quiafecantur abi ag, angulus — eril 
asqualis fuo coakcrno - vndc totaRs aiignlus a» feu - r a g» erit a> 
qualis duobus cra> & nga, &communiter addito angulo x, 
fummatotiusanguli a> cum x, fcilicetduorum inrcrnorum a» 
* intrianguio rag» eritarqualis tribus angulis cra> art, Sc 
hgi, fe^duobus' cra, & art, conftituentibus rcChim crt,eft 
asquaJis angulus ngu>> (vel quiaeftre&us > vel quia coafideratia 
duabus rc£tis rc» & gn, perpendkularibuseidem rg> & pro- 
ptereaxquidiftatibus adinuicem, le&ararccia rti, angulus ngu> 
cxternuselrarqualis angulo c r u , iucerno ipfi oppofito abcadem 
partc) ideo huic ngu, addito agn, Aficconftituiturtotalisex* 
tctnus agu, lumma,fcilicethic agu> cft quantum trcs di<5ti an- 
guln&ideoquantumduo intcrnt "gra, & gar;.Cadatnunc per«*> 
pendicuJaris, quar apundx), feui fummitate a> trsanguti^nppofc 
ralateri rg, ipfnis prodn<fr5)perueniat addidabafim,uiu hncara 
proda&am fuperlatusdextrurn 'ag> fciticecfitvna^&eademlinea 
cuni larere a g, quod larus ob hoc faciet angulosre&os curo redta 
ruv &criretiam vna,&eadem Imeacum illa> quarapundfco g>du*> 
cercturpcrpendicularisrccaar rg-; &quia>&harc ga, & rc>fuhc 
perpe^idicularesrecx^ tih -fpCa eruntarquidiftantesad tfrakrm,& 
<amfecetot~a re&t u rv anguluaexterjms <u$a*j {qutniinceilrcr 
i &us) 
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dtus) erlt arcjualis iritef no ipfi oppofito c r u, Et qnia etiam eardem 
equidiftantes ga, & rc, funtfe&arab ra, angulus o,critcqu» 
gj* lisangulo o, fibicoaltcrn6,quapropteraddi-» 
tocommunitcraiigulo x, totusangulns crg* 
& idco cxternus agu* eritarqualis duobus o» 
~u & x, feu gar, & gra, internisiatriangu- 
looppofitisangulo ugr?. Etfiab a, duccn- 
do pcrpendicularem ad re&am rg, ipfaca- 
datin r, fcilicetfit vnacum latere ar,&ideo 
fitillaipfalinea etiam, quar a puncto r, feex-r 
tollcretpcrpendicularitcrad r g , tunc j quia 
** ^f * harc,& gn, pcrpendicularisadeandem rg. 

in g, crunt ad inuiccm arquidiftantes, & fedar 
±J£ a*b ag» angulus a, crit arqualis angulo ag 
n,fibi coalterno,vnde communiter addito an- 
gulo r , anguli a , & r , interni trianguJi erurrt 
arqtiales angulis r,& a g n, fcd n g u, cit aequftr 
lis angulo r, ideoipfengu, cuman§ulo.agrt> 
& confequcnter totus externus agu, abillis 
formatus, crit aqualis aiigulis a, & r, inrernis oppofiris in triangu- 
foiirhtil fumptis. Et quandoa pun&o a, ducla reciapcrpendiculari 
reftar r g, ipfa cadatextra triangulum ponamus a parrc dcxtrain 
d, fuper productime g u, tunc confideratis duobus redis c r , & a 
d, ppendiciilaribus reclg r u, & ideo arquidiftantibus ad inuiccm 
fe&isarc&a r a , dicerur angulus c r a, eiTe arqualis fuo coalterno 
d a r, &communiter acidito a r g, totus c r,d» re&us crk arqualis 
duobus d a r, & a rg»& ideo etiam angulus ngd,rcc*tus,arqualis 
crd,erita:qualiseifdem duobus dar, &arg, Nunc confideratis 
duabusrectis g, n,& da, perpendicnlarib. re<5tar r u, & ideo eqni- 
diOantibus ad iruicem fedis a reda ga, angulus n g a, erirarcma 
lis fuocoalrerno <dag, vndeabangulo n gd, re&o,dempto niga» 
- eius parte C&remancbk a g d) & a fumma duQrturi a r g, & 4a*r, 
demptoangulo d a g,parteanguJi d a r^ (&f e^arabunt gar*& 
ang) refiduum a.b vna partctrit artjualej"c6dnci ab alia, fcilicet lo- 
lusangulus agd, qoieft exrernustriaognli critarqualis duobus g 
af, & arg, qui funtintcrni ipfioppofiti inipfo triangulo. Etfiper- 
pendicularis ad bafim > feu latus produclum trianguli ducta a pun- 
6to a, cadat cxtra triangulum a partc (iniftra ponamus in d (/up- 
poncndo, quod recti g r, fit produ&a ab ipfa parte finiftra r, qua- 
tum fufficir, vt pofsitrecipcrc .di&am pcrpcnciicuiarem a d; Confi 
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deratis duabus reftls d a,& rc, perpendicuhribus reclc d u » &l-~ 

deo asquidiftantibus ad inuicem» fe&is areda ax> videbitur angu- 
lus d a r, elfe *qualis fuocoalterno cr a>& vni parti addito angu 
lo a d r, &alteri parti addito angulo crg> qui angulifuntreetf,& 
td inuicem arquales, fumma duorum r a d,& a d r> erit a»qualis : fum 
mx duorum c r a,& cr g, fcilicet totali a r g (incerno in triangulo) 
ab ipfis compofito, & amplius cuilibet parti addico communiter an 
gulo gar>fummaab vna parte>fcilicectresanguli adr, rad, & 
g a r, quod cft , ac fi dicamus duos angulos a d r > & g a d (quia g a 
d,continet in fc pratcise angulos r ad>& g a r) crit arqualis iumma; 
alterius parcis, fcilicet duobus intcrnis a r g» & g a r ; Lt quia an- 
gulus n g a, eft arqualis angulo g a d ( fuo coalterno in lineis g*i , 
ic d a, perpendicularibus rc&ar d u» & ideorequidiftantibus ad in- 
uicem fe&is a v recta g a) & angulo a d r, re&o eft arqualis angulus 
n gu, rc&us,fequitur cj» etiam fumma horfi dnorum n g a>& n g u, 
fcidcototalis angulus a g u>externns (crianguli ) ab ipfifrforrmV 
tus fic arqualis fumme eorundcm duorum a r g» & g a r, internorutn 
in criangulo oppofitorum» quod opportebac demouftrarc , 

COROLLARIVM. " > 

Mx dimonflratis pcrfpicuum eft. Tres dngulos cuiufcunque tridm 
gulifimul ptmftos ejfe xquaUs duobus rcftis . 

QVoniam cnm nocumficangulum externum (vnolaterequouis 
produ&o) eifc aquale duobus intcmis, & ©ppoficis> & quia ip- 
fe internus fimul cum rcliquo intcrno ipfi coniun&o fempcr compo 
nicfummaarqualem duobus redtis ( per 1 3. primi ) fequitur> quod 
etiamduoincernidicti cum ipfo reliquo interno> fcilicec quod om- 
nes crcs anjuli inrcrni trianguli fint arquales fimiliter duobus re&is. 

Vel (&ficincrianguIo ar g) ponamusclfe ba- 
C.m vnum ex lateribus , vel vnam & Iineis ipfius 
trianguli» fuper quam pofsit cadete in criangu- 
lum perpendicnlaris ab angulo oppofito ipfi la- 
teri>&ficlacus rg&ipun&O a,du&a perpc- 
:diculari aclaceri rg,&eciam apunctis r,&g>terminantibusba 
fim.ductis perpendicularibus rc,&gn,ipfibafi,quiacxduobus 
partibusanguli a> pars car,eft arqualisangulo cra,&ipfe cra, 
cum arcfiniftrointernofuperbafim^ppofititrianguli arg>com- 
ponunt, vcl conftituunt rcctum c r t, fcimns etiam di&um a r g, fi- 
niftrum cum partc /iniftca r a t# anguli r a g > ncccflario «Tc arqua- 
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vnoangulorec*). Similiter alia pars dextra g a t, anguli r a g, 
qualis anguto n g a, & ipfe n g a> cum angulo a g t, dextro in- 
o,fuperbafimpropofiti triaguli arg, coponutrectum ngt, 
jroptcr videmus etiam dictum a g r , dextrum , cum partc de- 
gat,anguli rag,necctfarioe(Te*quale vniredo,vndetotas 
ilus rag,fimulcum duobus arg,&agr,fcilicet trcsanguli 
)ofiti trianguli erunt neccifario a-quales duobus angulis reftis, 
uncaddemonftrandum fupradidam primamp artem decimat 
)ofitionis , fuperiori medio ; poterit dici . 
icn ar, duasre&asnonarquidiftantes pg, & qn, quzfc 
feappropinquatapartedextra gn; Dicitur, fumnia duorum 
ilorum internorum dextrorum,fcilicet a parte, in qua ipfe fe fc 
opinquantfimuliunaorumcffcminorduobus redis. Adhoc 

demonftrandum ; A punAo a, ad re&am 
&y qn, velapun&o r, adredam pg, du- 
-0 caturperpedicnlaris rt, &fitquodpef- 
ucniatad pg, in t, aparte finiftra ab 
a, & tunceonfiderato triangulo redan- 
gulo atr, cuiuslatus ta, eftproduclu 
, fcimus angulum gar, externum ipfiustriangulieflearqua- 
fummarduorum atr, & art, internorumoppofitorum,'idco 
muniteradditoangulo nra, fumma anguloi u gar, & nra, 
rqualis fumrnar trium anguloru atr, art, & arn, feufum- 
luorum atr, & trn, (poncdo angulum trn, locoduorum 
& a r n, partes ipfius , quar componunt ipfum totaliter ; fed 
uaduorum atr, & trn, eftminor duobus re&is , nam cum 
fit rcctus t r n, eft acutus ( per fextam huius ) quapropter e- 
fumma duorum g a r, & n r a, internorum dextrorum linea- 
datarum nonzquidiftantium eft minorduobus rectis. Etfii 
to r, du&a perpcdiculari ad redam pg, ipfa caderet a par- 

^ t tcdextraab a, &eflct rt, alterius figu- 

& rar , tunc confidcrato triangulo atr, re- 
'fl&angulo, habentelatus at, produ&um 
in g, angulus gtr, extcrnus crit scqua- 
lis duobus intcrnis tar, & tra, ideo 
nuntreradditoangulo trn, fummarrium tar, tra,&trn, 
oduorum rar, & arn, (pofito arn, locoduorum tra, 
• n, partes ipfius ) eritarqualis fummx duorum gtr, & trn, 
imma horumeft minor duobus reftis (cum gtr, firre&usper 
ru&ionem, & ideo t r n, acutus (per fcxta kuius) quaprop tcr 
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eiiamfummadu&rura tar, & itn> lntenrorum dcxtrorum dua- 

rum datarum lincarum non arquidiftatium fc fe appropinquantium 
a diaapartedextraeritminorduobusreclis.Etfiapundo r» du- 
dapcrpcndicuiariadrectam pg, peruenifletin a, fcdicetsquod 




j. eadem fecan& ar* efletperpedicularisad p g» 

V tunc,quia (pcrfcxtaui huius)cxiftente angulo 
gar> redo,anguIus arn, efletacutus (currr 
^\ ex hypothefi datar non aequidiftantcs fe fc ap- 
1 ; propinquent ab ipfa partc) clare perfpicitur 

fummamipforumduoruangulorum gar> & arn, fcilicct vnius 

( ^ £ x£&\ > & vnius acuti eflcminorem duobus reftis. 

<rt Velquando ar, fitperpendicularisadrcda pg* 
( fciJicetad vnam duarum datarum non acjuidi- 
ftantium) fcilicetexiftenteangulo gar, rccto, 
tunclipun&o a> dudaperpendiculariadrcftam qn, (quxpcr 
nonam huius) fecabitangulum gar> fcilicet cadet a partcdcxtra 
apunclo r, inquarc#xnonxquidiftantesfefcappropi:u]uant, & 
eritbrcuiorrecta ar) & fit am, quodangulus amn, eritrectus, 
&cumfitexternustrianguli arm, habcntis Iatus r m, produftu 
in r> eritxqualisfummxduoruminternorumoppofitorum ram, 
cV: arm> ideo communiteradditoangulo gam, qui eit acntus, 
fcilicetparsrccti gar, fummaab vna partcquxefttrium angulo- 
rum arnu ram, & gam, cV idco duorum anii,{k gar, (po- - 
fito gar, locoduaruuieiuspartium ram, & gam, quxinte- 
greipfum componunr) crit xqualis fummx duoru amn, & g am, 
fed hxc fummaeft minorduobus re&is,quia vnus eorum am n,eft 
rcctus,alter vero ga m> acutus,quare fimiliter fumma illorti £ a r, 
& a r n, internorum dextrorum, Uncarum datai u non xquidiilan- 
tium erit minor duobus redis\ 

Sedfacile ctiamveritas eiufdcm primxpartis decimx Propofi- 
tionis oftcndi poterit , hoc modo . 

Quiaduxdatxnonxquidiftantes pg, & qn, fectxab ar, fe 
fe appropinquant a partc g n, ipfx confidcrentur produclx, quan- 

tum fu fficit, vtfc 
fc cotinuo magis 
''appropinquanres 
tandc concurrat, 
& fupponarur co 
curfus in h, Vn- 
deconfiderato triangulo bar> & vnocxcins latcnbus ba, vel 
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produAol*'p> ) veHn q, (vellarertf ar, pfodu«3oin s, vel 
:, )ponamus ba>in p ; fequitur, quodangulusexternus par» 
naiorangulo a r b, interno oppofito , Vel ob hoc , quod angu- 
sab, asqaati&angalo par, (pcr i5.primi) fitmaior diot» 
j> quapropteradditocommuniterangulo bar, fummaduo- 
1 par, & bar, Velduorum sab, & bar, qua?fummaeft 
lalis duobus red:is(per 1 3. primi) eritmaiorfumma duorum 
r, & arb, fcilicetfcquitur, quod fummahoru gar, & arn,' 
twiorum dextrorum fitminor duobus re&is, fed quartuor inter- 
mulfumptijfuntaKjualcsquamiorrcc^s^ideofummadubrum 
^uorum par, & qra,quifuDtipartefiniftfk,a v quahnesda^ 
emotiores euadunt erit maior duobus re&is. 
Cuncquod angulus incernus,a partekTextra,in cjuadua datar non 
idiftantes fnpponunturad inuicem appropinquari,fit minor in- 
o ipfi coalterno ab alteraparte , fcilicet, quod a s p , fit minor 
ilo has. Velquod mas, fitmiuor aogulo asr, racilepro- 
ir,quia cum cx demonfttatis notum fit, fummam duornm inter- 
imdcxtrqpum mas, ft-.a-s.p, c[\emin9rem4uobus reais J & 
• 1 j.primi) fummamduorum mas, has> eflea-quajem 

duobusretfis,dempto 

* m ab vtraq;fummaangu- 

lo m a s, communi,re- 





f liquusangulus asp,ab 
vnaparte,eritminofj:e- 
liquo. Jias, abaltera.- 
niliterquiafummaduorum rsa, & a s p, eft cequjjis duobus 
& Ueo maior fumma duotum mas, .& asp, quareftmi- 
luobus re&is , demjpto ab vtraqj parte communi angulo a s p, 
.nebit angulus rsa, maiorangulo mas, fcu mas, miuor 

10 rsa, ipficoalternpabaliapartefiniftra. Eodemodoper- 
um ficCquemlibet angulorum.mternorum dextrorum , fci|icec . 
tc, in qua dux data* noh iquidiftantes fe fe appropinquant eflci 
rcm intcrno fibi opppiifoab eadera parte, quiaquo ad m a s, 
num fuperiorem dextrum , fumma eius, curr} angulp a s p a efcV. 
r duobus rcdis, & ideo minor fumma,duoruni, .a s p, & p*ai, 
i\ a?qifalis di/obus re<$& , vnde d«rip?oc%muni angiifb i s^p 5 
m a s, intcrnus erit minor folo jpsu, externo ; Vel quia m a s, . 
inorangulo asr, -fibicoakcrno>critctia minorangulo u$p', J 

11 ( per 1 5. prirhi ) dic>o coaltcrho a s r . Idem dicicur de an- 
asp, rei(pe<3aanguii tam. Etpoftea>quodabakera parte 



9 



/iniftra, i qua dat* non «quidiftantes fe fetfcmotten6 comierfo ni*4 
do cucniat, quod quilibct duorum anguiorum intcrnorumiit matot 
extcrno oppofito ab cadem partc, fimjliter paccr , quoniam, quoad 
asr,ipfecum angulo has, facitfommammaiorcmduobus tcjl 
ftisCpcrprimampartcmhuius>fcdcidcm has ^addicoangufo t 
a h » fumma , qu* componirur eft tantum arqualis duobus rc&is , Sc 
idcoillafummacft maiorifta * vndeetiafolusangulus asnintcr- 
nusfiniftcrcritmaiorfoloangulo cah, externofiniftrofibioppo. 
iito. Eodem modo ctiaro probatnr aJium angubm h a t * intcroit 
finiftrum effe maioremalio cxteroo finiftro oppofito rsu, Quod» 
cftj quod dcmonftrarc volcbamus . 

THEOREMA XI. PROPOSITIO XI. 

Si fupcr dudbus reclis ddtis, duc7d fitrccld , qud fecet ambas , & 
acciddt, quodfumma duorum anguUrum mtcrnorum db eddem 
partefit aqualts duobus recJis; Vcl quod tntcrnus /upertvr ab 
vna parte fit atfualts tnterno inferiori abaltera partc , fctltcet 
angulo ftbt coalterno ; Vel quoat externus fit aqualts imerno op~ 
pofito db eddem partcjunc neccfidrio dua rcfid data ad tnutctm 
erunt aquidtftantes . 

OV o n i am fi dux re «Jra* datar non eflent arquidiftantcs ad inui- 
cem» ilhceflentnon *quidiftantes,led non arqlndiftantes"cffc 
nonpofTtint.quiatuncCpcr 10. huius) oporteret, quod fumma duo- 
rO angu!or%internoru ab eade patre eflet minor, vcl maior duohus r 
re&is $ Et quod inrernus fupcrior ab vna parre cffet inarqualis inter 
noinferioriabaiterapartcifcilicetfubcoakerno. Ftquod exreT- , 
nusc(fctina?quaiisintcrno oppofitoabeadcm partc; Qnod rotum 
eft contra fuppofitum ; cum ergo re&ar datar effe non pofrinr non x- 
quidiftantes,crunt arquidiftantes adinuicerri, vt dcmonftrandum 
crat. 

ft Notandumcftfupradiclam 1 1. Propofitioncm, oftendcre idc, 
quodoftcnditurin 27. & aS.primi Euclidis . 

THEOREMA XII, PROPOSITIO XIL ! 

■ 

S$ dud rettd linca data fecentur a recla y & accidat , quod fummd 
duorum angulorum intcrnorum ab vna partcfit /naior y vclmi* 
mor duobus angulis re&is; Vtl qttodwtemus fupcrtor ah vnd 

partc 
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r purte frindquMis internt inferitri db ulterufurte (quifujtt co- 
?■ alfcrni ddtnUtccm , )Vttqutd externusfit iudquatts tHternt 
i fS of>f»fm ab eddem fut te, tmnc dud recld d*<* erunt ntn dqutdt- 
fidntes ddinuicem; Etfefeufprtpinquubutdfdrttyinqudun- 
fuli internifimut inncJi funt mintrcs dutbus recJis; Seutu qu4 
(quodcflidem ) internm eflmintr dttertinternt ipfictdlternt \ 
' tcu in qud (quodfimtlttcr tsl idem) tnternm eft mtutr externt 
iffi tfftfittdbeddtmfdrtc. 

OVia dua? rcftr datar fupradidas coditioncs habentes non pof 
funteifca*uiidiftantes: iiam tunc(pcr quartam huius ) necef, 
fariofiuiimaduofu«ijanguloruraintcrnorumabcadem parte eilct 
«qualisduobus recris j Intcrnus cffetarqualis interno ab altcra par- 
tei5bicoaltcrno;EtcxtcrnuscfTetarqualis interno oppofito abca- 
dem parte , qu* omnia funtcontra fuppoficionem . Cumergo noa 
pofsinreife ad inuicem xquidiftantcs erunt nonarquidiftantes , vt 
4emonftrarc volcbamus. Quod vcro duar rcda- datar magis propin- 
quarfintapartc inquafumma duorum angulorum internorum cft 
mioor duobus rectis , ita dcmonftrari potcft . Cum rc&ar data: a r, 
$l am, fcdarfinra v rc&a tc, &duo anguli interni rtc, & ntc, 
i partedexrra minores fintduobus retfis ( quod tali pacto duo m- 
ternifiniftrierunt maiorcs duobus re&is, quoniamomnes quattuor 
• interni femperfunta!qualcsquattuorredis)dicitur ,quod ipfardua? 
re&ar datae magis fcfeappropinquanta* parte dextra ;nam vtduo 
aogoiiintcmi dcxtrifimul.fumpticuadcrentarquales duobus re&is 
exiftetcfuperiori rtc, oportcretmaioremfaccreinferiorcm tcn, 
ipfi addcndo,quod deficit ab illorum fumma ad complemcntu duo- 




ntmrctftorum. Etmancntelinea tf, oporteret a pun&o c, duce- 
re reftam, quar cum recla t c , conftituerct anguium maiorcm an- 
gulo tcn, quantumopusciTet,&obhocipfareaaduccndatran- 
firet,fubtusrcclam cn, &fit cu, (quar repcrietur duccndo a pun- 
£o c, pcrpendicularem cs, retfa: ar, &apnn£o c, adhanc 
cs, perpendicularem c u ) & a pundo in ipfa x u, fignato,pona- 
inusapun£o u, ducatiirperpcndicularis ue> adredam ar,quar 

fccabit 
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fecabit re&atri c n , pofitam inter cirTeV ^ r , -eYfif x, punc^ura 
fectionis, fcilicet fcribatur x, inr^tocrWfadHorti*, fcobhocpars 
xe» ipfius, eritbrcuiortotali ue, &*deo erit etiarn breuiot reda 
c"s/ ipfi ue, a-qualisfnamcumdurere&JB sr, & cw» fint*quj- 
diftantes ad.inuice (per7.huiujs, ^afe^«Tiwc.irec^a sc, qua; facic 
angntos reclos cum qualibccilUruxfcjlicct, qiue eft. perpendicufaris 
Vnicuiq; ipfaru) & rcctae c s> & u e, perpediculares re&a* a r, & ideo 
etperpendicularcs re&ar c u, (p 2. huitis) oftedentcs diftantiant 
vniusab altera*&cum ipfardiftatizfintadinuicem*a:qua!es (prop- 
tcra:quidifcantiamdi<ftamredarum s r, & »cu") conuenir, Vc.c %» 
& u e, qux oftendunt ipfas arquales diftltias fint ad inuicem sea^rf- 
les) quapropterpropinquioreft mn, redtar ar, in x* quam in.d, 
Vndeipfefefeappropinquantapartc x, fcilicet a parte dexcra, vt 
volcbamus probare ; Etconfequentcrfc feremoueca parcefiniftr*, 
nam cs, diftantiafiniftra eft longiorre&a xe, diftancia dcxcra. 
infcriorislincr mn> adfuperiorcm ar, in duobusdiuerfis puft- 
&is c, finiftroi&r x, dextro. Item,quodduarredardata-fefeap- 
propinquent a parte, in qua fumma duorum augulorum internorum 
eftminorduobusangulisrcctts, potcft probari taJi modo . Siduar 
rc&ardatavcV iam probata- non a?quidiftantes,cV qupdneceuarioab 
vna parte fe fe appropinquant, & ab altera fcie remouent , non fc fc 
appiopinquaffent a parte vbi angu Ji funt minores duobus redis , o- 
pus eflet , quod iile fe fc appropinquaflenr ab altera parte , vbi fum- • 
ma duortun angulorum i ntcrnorum eft maior duobus rc&is , & fe fc 
remouiffcnta parte ( & fit dextra ) vbi fummaduoramanguloruiw*. 
ternonim eftminorduobus redis ; Sedfumma duorum angulorum 
internorum aparte vbi linear non a?quidiftantes fefercmouent eft 
fempcr minor duobus redis (per decima huitis. ) Vnde ipfi duo an- 
^uli intcrni dcxiri codcm tcmpore elfcnt minorcs , & maiores duo- 
busrc&is, quod eft impofsibile, impofsibileergo eft , quod dtta* re- 
cta? datar non fe fe appropinqucnt a dicta paric dcxtra , ideo ab ipfa 
partedextra vbi fumma ducrum angulorum internordtn cftfiiinor 
duobus reftis fe fe appropinquant , fe fe remoucdo ab alia parte vbi 
fammaangulorum inrernorumeft maior duobus rcclis . Qno ad 
angulos intcrnos coalternos. Si in duabus recUs datis a r, cVra 
h/fcctis a recta tc, occurrat angulum rtc, internum fupcrio- 
rcm dcxtrunY efft minorem angulo t c m , intcrno inferiori finiftro 
ipficoakerno ( vel quod tcn, inrcrnus infcriordexter, fitminor 
?n?ulo a tc, interno fuperiori finiftro ipfi coaltcrno) hocetiam no- 
Disofrcnder, quod ipfar linear (iamcogmtar 4ton arquidifiates ob inc- 

quali- 
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«malitatem di&orum angu16rum coalfernerum) magrs fc fc appro- 
pinquantahipfaparte ,-vbiangBluseft minor /quoniam fitaman- 
gulo rtc* minori, quamangulo tcm, ipfi maiori fingatur addi- 
\ ^ tusangulus tc n x fummaduorum rrc, 

- f^fe - n -i ^ui lunLintcrni aNvna cadcm 
parte dexxra/ferit mincc fupima duprutn 

j^TCiih^& :p€ n» fed harc Fumma cfVarqua- 

■ 'J^Z^-^^c^sT- Iis3^obusre^"s (pcri j. prrm!}ir:co fum 
TO ^l» madt&orum duorum internonlm d< xtro 

rum eritminor duobiisrectis, vndeperprimam parttm huius Pro- 
pofitionis iarademooftratam , fcquiturquod abeadem partedex- 
traduardatx ar, & mn, fcfeappropinquent, &abaliafcfere- 
moueant . Etfimiliter , quo ad cxtcrnnm , & internum oppofitum 
abeadcmparte, fi notunj fuerit, quod angulus intcmus rtc, fit 
minor externo i c n, ipfi oppofito ab eadcm partc dextra,vcl quod 
tcn, fit minor cxterno gtr; fimilitcrconcluderemus , quod dua: 
datar ar, & mn, (iam cognitx nonarquidiltantcs ob inxqualita- 
tem di&omm angulorum inrcrnorum , & externorum oppofitorum 
adinuicem abcadcm parte) fc feappropinquarenta dicta parte 
dcxtra, quia cum tcn, fitminorangulo gtr, fi tam vni , quam 
alteti menteiungaturangulus ctr, fumma ipfius cu argulo tcn, 
erir minor fumma ipfius cum angulo g t r , fed fumma cum g t r , 
eftarqualis duobus re&is, ideo fumma cum tcn, crir minor duo- 
busre&is,& quia harcfummaangulorum tcn, cV ctr, comprc- 
hendit duosangnlos inrernos dextros , fequitur ( pcr primam par- 
tem iam probatam huius Propofitionis ) quod ab ipfa parte dextra 
datar ar, & m n, debeantfe feapproninquare , & fcfcremouerc 
abaltcrapartefini/tra. 

♦ 

THEOREMA XIII. PR OP OS I TI O XIII. 

Stfuper duAs rtclas datas ducantur linea f?ca*tesfHmma<iuorum 
angulorum internorum ab vna eadcm parte^ qucs factet vna fe- 
cantium cum duabus datis , crtt tciualis fumm.t duorum intcr- 
fiorum angulorum^ tjnos ab eadcm partejactct quaLbetalta fe- 
€ans cum yfdem duabtu datis . 

C I duar rec"te datar finta?qukliftantes,quiacjuarlibet rec"ra,qu* fe^ 
\f- cet ipfak tacic ftmiraamduorum angulorum internorum cum 
ipfis datisarqualcm duobusrc&is femper (per quartam huius)cla~ 

rum 
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rum eft, qood proponitur . Sed fi duar datar fint non «quidiftante», 
ponamus mn> & gp> fc&z ab ar> & mg, ita probabimut 




quantumproponitur ;Duct*isperpendicularibus go, & rs, afte- 
ri datarum a duobus punCtis fc&ionis inalia» quar du* perpendicu- 
lares crunt ad inuicem arquidiftantes (per o£tauam huius ) & prop- 
tercafiimmaduorumangulorumdextrorum internorum aog, & 
ogr, facroruab vna ,cum duabus datis,eritarqualis fumm^duo- 
rum angulorum intcrnorum fimiliter dextrorum n s r, & s r p,fa- 
ftorum ab altera cum ijfdem duabus datis (cum angulus a o g>' per 
fe fit arqualis angulo nsr, & angulus ogr, angulo srp, per 
quartam huius.) Quiapotlea illisarquatur duo smg» & mgr; 
interni fa&i ab vna fecantium cum duabus datis a parte dextra , & 
duobus alijsarquanturduo sar, & arp> intcrni faclr abaltera 
fecante , cum ijfdem duabus datis ab eadem parte dcxti a ( & hoc 
totu ob dcmonftratis in prima partc dccima- lutius) fcquitur, quod 
fummaduorum angulorum fa<5torum ab vna fccantium fitaqualis 
fummar duorum fadorum ab altcra fecante ab eadem partc dextra 
cum duabus datis ; Et confcquenter* quod fumma duorum angulo- 
rum internorum fa<frornma partefiniftracum duabus datis ib vna 
fecante, eritarqualis fummsfe duoruminternorumfaclorumabea- 
dem parte finiftra cum duabus datis ab alia fecante , quoniam tarn 
ifti.quam illi funt,quod rcmanct a dextris, vfq; ad quattuor rcaos. 

THEOR EM A XIV. PR OPOSI TIO X I V. 
Si qkotqudt rccld fmt* dtujwt dqmidifidntcs vnt rcffd frcfofitdy 
tffd crttnt dqt/idifttntcs ad itntttcm . 

Sit 
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SIt quarcnmquedataru abcd, arquidiftans propofita? p. Di- 
citur ipfas elfe ad inuicem acquidiftantes ; Nam pofita aci |ibi- 
tum vna re&a perpendiculari ad propofitam , & harc prodncatur 

quoufqjfecet qnamcwqrdata- 
■4»»< rum (ipfisetia produ^ris> (ioc- 
4 cu rrat quoufq^perpentfiruTarls 
■ b P ro P°^ t5C linea?*eas fecare po£- 
fit) & fit r s, illa (per fecundara 
huius) eric etiam perpcndicula- 
ris cuicunq;datarum,vnde (per 
fcptimam huius >quarcunqjda- 
tarum erit arquidiftans cuicun- 
que alteri ipfarum datarum, fci 
licetrecta a, cuicunquealiarum,fimiliter b, cuicunquealiarum. 
&fic c> ad d, &adquafcunqucaliasreaas arquidiftantes rccla? 
p, propofitar- 

PROBLEM A. PROPOSITIO XV. 

A dato funcU ducere rcclam aqutdiftantcm adprefofttam reclam, 
qua nonftt in dtreclum cum ipf$ puntlo dato , fctlicet talis fit % 
vtfia punclo dato duceretur imca ad vnum terminorum pro- 
fo/tta, ilU non vniatur cii profofitd^fedfaciat angulucum tpftt* 

Dato pundo a, ducenda fitreda arquidiftans re&a: pro- 
pofitx cr. Abipfopun&o a, ducaturre&a perpendicula- 
risadrc&am cr, ( producendo ipfam cr, quandoopusfit, taii 
modo , vt ipfa perpendicularis fuper eam cadere pofsit * ita vt illa 
u + recari P ofsita, ^aperpendicuIari)& fit a s, & 

& 1 abeodempunaodato a, ducaturperpendicu- 

: larisadhanc as, fcu a parte finiftra, feu a dex- 

Z 7 f-' traacllibitum,&fit au, ve! ar, quar au, vel 

at, feu ut, eritarquidiftansrecrx cr, vtvole- 
bamus (per feptimatn huius) ctim a coftructione , vria,& eadem re- 
cta as, fitperpendicularispropofit« cr, & au, vel at> fcuto- 
tali ut, velpoftbmusdicerereaara ut, ciTesquidiftantemrea* 
cr, (per 1 1 . huius) cum quicunqueangulorum ab a, & ab s, fit 
rcctusj&idcocumfummaduorumangulorum tas, & rsa, in- 
ternorumdextrorum,velcumfummaduorum uas, & csa, in- 
tcrnorumfiniftrorufitarqualis duobusretfis. Ycl alio modo j A pft- 

E cto da- 
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&o dato a. Ducatur rcftam ad libitum * quarpcrueniat ad propo- 
(itatn cr, & fit asj poftea ab codcm pun&o a> apartedextra, 
• 4C & + ducaturrc&a at> quarcumreda as, faciatau- 

gulum arqualem angulo asc> finiftro formato 
*** 4 ab as, & sc> Vcl poftea ab eodem pundo a, 
« «f a* partc finiftradocattir reda^a urqufccum a s> 

faciat angulu arqualem angulo a s r> dextro,formato ab a s, & s r> 
nam itacufintduoanguli tas> & asc> coalterni , vel duo uas» 
& asr, fimilitercoalterni (duarumre&arum ut> & cr, fedta- 
rum ab a s ) arquates ad inuicem , recta u t , ducta > aut tranfiens 
perpun&um a, datum,erit(per z t.buius) arquidiftansre&x cr, 
propofitar. Vel alio modo j A dato punc"to a> du&a rec"ta>quoquo- 
modo, quar perucniat ad c r, propofitam > ipfa producatur a parte 
fuperioripuncti a, quantumIibet>ponamusin x, pofteaa punclo 
a, ducaturrefta at, quar apartedcxtracumreda ax, faciatan- 

gulumarqualcm angulo asr> quem ab ipfa parte 
jtj^ 4 dextra facit rec"ta as, du&a cum recta sr. Vel 
y (quodidemeft) pofteaapun&o a> ducatur reda 
/ au> qua?apartefiniftracum ax, faciatangulum 

c ji t> arqualemangulo asc, quemabeadem parte fini- 
Arafacitre&a as> du&acu re&a sc, &itacon- 
fideratis duabusredis ut> & cr, fectis a re&a xs> quiaangu- 
lusexternus xat> dextcr>eft arqualis interno asr, ipfioppofito 
ab eadem partc> Vclquta angulus cxternus x a u> finifter eft srqua- 
Jis interno a s c, ipfi oppofito ab eadcm partcfciemus (per 1 1 .hu- 
ius) quodduarrcciar u t> & cr> funtxquidiftantes ad inuicem. Et 
ii nolemus producere rcc~tam as, a % parte fuperiori a> produca- 
^ *• tur ab inferiori s > ponamusin n> pofteaapui cxo 

a, ducatur at, dcxtra» quarcum a s, faciatancju- 
•• Jum t a s > dcxtrum arqualem interno dcxtro r s n, 

/f ' Velducarur a u> finiltra > quarcum as jfaciatan- 
ii' gulnm ua s, finiftrurqualem internofiniftro cs n; 

quod ob cadem caufam fupradictam re&a a r> feu 
dicamus uc> erita?quidiftans propofitar cr. Necdubitandtim eft 
quoddua?rcc~tar ua> & at» non fintfimul toniuntftx indirectum 
conftituendo vnam rc&am ut, fcilicct > quod ua> produ&aver- 
fus a, non vniatur cum re&a at> velquod ta, producla vcrfus a, 
non vniatur cum rec"ta au; quoniamcum angulus x a t> fitarqua- 
Jis angulo asr> &angulus xau> arqualisangulo ascetiamfum- 
ma duorum anguiorum x a t, & x a u, erit arcjualis iummar duorum 

asr>& 
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